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PREFAdO 


The material in tljis bo()k is a liij^lily condensed and straightforward pn^sentation of thost' ])r()bleins 
which engineering draftsmen should understand about relationships involving t)oints. lines. jilant'S, and 
surfaces. 

The problems are presented in two languages: a written statement and its gia])lii(*al translation. 
Because most students are “eye minded,” emj)hasis is placed on the graphical pr(\s(*n(ation and the writ- 
ten material is coiahmscd to essentials. 

The l)ook is frankly intended as a workbook. Its format and '.rrangeinent have Ix'en caridully 
planned to that end. Students should be expected and t^irectcnl to mark up the* text and use color(‘d 
pencils on the t(‘xt drawings. By such nicThods of study, a drawing in the text, jiresenting a completely 
solved problem, may be analyzed and broken down into its elements and into a rational order of jiro- 
cedure. 

The material presented herewith represents, with the necessary and d(*sirabl(' jirobhun assignintmts. 
a two-credit course. Two class periods of one hour and two drafting-room periods of two hours ari' sutii- 
cient to cover the ground in one semester. 

FkEDEHK' (i. lllOBEE, Sh. 

May, ms 
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vteel IS essential material in engineering construction. Mathematics, chemistry, physics, and language are fundamental in 
engineenng education. Engineering drawing is the universal language of engineers. Drawing-board geometry is the 

grammar of graphic language. 
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niAPTEH I 

ORTHOGRAPHIC PROJECTION 

1. Functions of Engineering Draftsmen. 'I'he work of an engiiuH^rin^ (Imftsnian falls under two gen- 
eral classifications: 

A, The translation of designs and data into graphical language. 

This part of the draftsman’s work concerning itself with “translation” is called engineering 
drawing. In this field emphasis is placed upon the theory and practice of using lines, letters, 
numbers, and views arranged according to a system, to d(‘scribe iht' shape, size, and arrangement 
of parts of engineering structures; the kind of material us(‘d; the manner in which this material 
is to be finished and fastened to adjacent parts. In addition to such description, draftsmen must 
know how to record imd express descriptions of projects recjuiring the use of maps, profiles, 
charts, graphs, and pictorial representations of the perspective and pseudoperspective type. 

A very important and necessary part of such work is skill in rendering work of quality, 
deftness in manipulation making for speed, a thorough ur.derstandiiig of methods of producing 
and reproducing drawings of all kinds, the ability to make neat and legilde freehand sketches, 
and, of course, facility in reading drawings. 

B. The utilization of gra|)hical statementvS for the quantitative determination of values reijuired in 
designing, or in the elaboration of data. 

The utilization of engineering drawings as a basis for the solution of problems is known 
by various names such as “desci’iptive geometry” and “the geometry of engineering drawing.” 
For the purpose of confining the scope of this book to the fundamental problems which occur most 
frequently in drafting work, this part of drafting has been called draiviftg-hoard geometry. In 
this part of his work tlie draftsman will find considerable overlapping with the theory of ortlio- 
graphic projection and auxiliary views, both of which are commonly considered a part of engi- 
neering drawing. In fact, w’hen draftsmen complete their training it is not uncommon for them 
to regard all such work as drafting and to think of the wdiole enterprise as engineering drawing, 

2. The Importance of Engineering Drawing. The recording and conveying of ideas have engaged the 
best minds of all time. In literature, in the xdastic and graphic arts, in music, in dramatic art, this 
has long been recognized as worthy, \'et in all of these the language of (expression is such that there 
can be no assurance that the interpretation will be that intended. 

Engineers, however, have perfected a means of exj>r(^ssion by means of which even the 
most complicated conceptions of imagination can be recorded and correctly interpreted. So exact 
and free from ambiguities has the language of eJigineering drawing become that it is the universal 
language of constructive endeavor. 

There is little need to point out, then, the importance to engineers of the ability to draw% 
both freehand and with instruments, as well as to read drawings with sureness and dispatch. 1'here 
is need, however, to illustrate and to emphasize how' drawings may be used as the basis for ''graph- 
ical computations” to secure information of suffir* mt accuracy for practical purposes, and usually 
with considerable saving of time. Such is the purpose of drawing-board geometry. 
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3. The Qualificatkms of Draftsmen. In addition to the ability to read and write the graphic language, 
a draftsman must possess or acquire two important mental attributes which are essential char- 
acteristics. 

One of these is the ability to analyze an engineering problem into its fundamentals and 
to state these fundamentals in a graphical form which will enable him to solve the problem and record 
the steps in the solution graphically. 

The other is to be able to visualize the machine, structure, or object represented by the 
views and graphical symbols on the drawing and to translate into views, lines, and graphic symbols 
ideas which are creations of the imagination. 

This power of analysis and the ability to visualize, coupled with facility and skill in 
drawing, anticipate a high order of intelligence, and leads to the conclusion that those who excel 
in engineering drawing may be expected to succeed in the engineering profession. 

4. The Representation of Data. In wy language there must be words and a system of organizing 
them into sentences and paragraphs; symbols such as letters and punctuation marks, and an estab- 
lished plan of putting these together so as to have meaning. In engineering drawing, points, lines, 
planes, and other units of graphical significance have become established as having meaning. By 
learning the symbolic vocabulary in common use, and the grammar by which these symbols are 
organized into representations having established meaning, the engineer provides himself with a 
graphical language without which it would not be possible to record and transfer information of con- 
structive or factual character. 

The approach to the study of this method of representation, therefore, should be that 



Fiovrs la. 

An architect’s raidering of a bridge. This perspective was made to diow what tiie 
bridge would look like when completed. The lucture was made from design drawings. 
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a language is being mastered, that the elements of this language — such as points, lines, planes, and 
surfaces familiar to the student from his study of geometry — ^are about to take on new and important 
additional meaning; and above all else that the description of the elements of structures, such as 
points, lines, planes, and surfaces, is complete only when such graphical representation establishe.® 
a complete statement of relationship involving three dimensions. 

That such is the case may be more readily comprehended when it is remembered that all 
the shapes and forms dealt with in engineering drawing are of three-dimensional character and that, 
except for the graphical description of factual data in the form of charts and graphs, the elements of 
length, width, and depth must be considered and described. The problem of description involved is 
one of representing three-dimensional objects on a flat sheet of drawing paper having but two dimen- 
sions. An arrangement of graphical symbols must be devised to describe length, width, and depth on 
the plane surface of the drawing paper. Moreover, this arrangement must have fixed geometrical 
relationship so that, by graphic manipulation, values not shown in true size may be discovered. 

All this has been made possible by a system known as orthographic projection. 

5. Shape Description. The two known methods of representing an object of three dimensions is (1) by 
means of a picture, and (2) by means of what is commonly called a drawing. 

Pictorial representation is known as sceneographic projection or perspective drawing, or is 
of the. ts^pe known as pseudoperspective. Engineers use both perspective and pseudoperspectives, 
such as isometric, oblique, and cabinet drawing, to illustrate rather than to describe. In all pictorial 



Fiourb 16 

A photograph of the bridge when completed. How successfully the pictorial represen- 
tation sceomplished its purpose may be judged by a comparison of the two pictures. 
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drawing the attempt is made to show how the object appears when complete, and, since such types of 
pictorial representations are limited to the appearance of the object from one point of view, they are 
inadequate for the exact and complete description required for design and construction purposes. 

To be able to draw and to sketch by pictorial methods is an important and valuable asset 
to an engineer, and training in this is usually a part of the work in engineering drawing. A discus- 
sion of pictorial methods is not. therefore, included in this book, which coniines itself to that type of 
shape description known as orthographic projection. 

Shape description by the method of orthographic projection — or an engineering drawing — 
not only concerns itself with a representation of the object as it appears from several view points but 
also relates these several views so that a complete description of the object is obtained as it actually is. 
Moreover, these views are drawn to scale so that not only shape but size as well is described. The 
theory of this view description and the methods of usitjg such graphic representation for the quanti- 
tative determination of values are set forth in this text. 

Although the theory of orthographic projection was undoubtedly known as early as 1528 
when Albrecht Diirer published his “Menschlicher Proportion,” it remained for Gaspard Monge, a 
draftsman in the employ of the French war department, and later a professor in Ecole Polytech- 
nique, to systematize and establish this theory as an invaluable and fundamental element in the exact 
method of graphic representation. 


/ ^ v’ //o/es 



6/a/7c/-Cas/^ /rm 
Finish o//^ower 
Sca/n /=/" 


Figure Ic Figure Id 

A pseudoperspef^tive drawing: Oblique projection. This A complete orthographic projection: Working drawing. Sisse 
type of pictorial representation is used by engineers. description and shop notes have been added to^ a three- 

view s^pe description. 


From France, Monge’s system quickly spread to other countrtM, and throng the agency 
of one of his pupils, Claude Crozet, was introduced at the United States MUitary Academy in 1816. 
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From West Point, a military engineering school, the civil engineering schools of the United States 
adopted the idea. 

By various authors, the subject was soon incorjmrated into textbooks on drawing until now 
orthographic projection has been accepted and standardized as an integral part of the graphic lan- 
guage. In fact, this system of arrangement of lines and planes and surfaces into views has come to 
be thought of as the “grammar” of engineering drawing. 

6. The Theory of View Representation. To represent an object having length, width, and thickness on 
paper having but two dimensions obviously requires more than one view of the object. These mul- 
tiple views must be related to one another in such a manner that information on one view may be sup- 
plemented by related information from the others. 

Such an object, therefore, is considered as being within a box of cubical shape. The object 
is viewed through the faces of this cubical box (Fig. 2). Upon each of the six faces of the cube, there- 


of s/p/^f /br- Tijo 

I 



Figure 2 

Pictorial illustration of an object within a cubical box. 

fore, a view of the object may be obtained by projecting (Fig. 3) upon the plane of this face the out- 
lines of the object to be seen when the lines of sight are perpendicular to this face. It is evident, 
then, that by such a scheme of viewing the object six different views of it may be obtained: one view 
for each of the six faces of the cube. 

In order to represent a cubical box of this character upon a flat sheet of drawing paper, and 
definitely to relate these six views to one another so that information and description may be trans- 
ferred from one view to others, this box is considered to be opened (Fig. 4) and its six faces placed 
flat upon the drawing paper. The manner in which this imaginary cube is opened and placed flat — 
and, thcmfore, the arrangement and position of the views with respect to one another — has been es- 
tablished by the American Standards Association. 




Ftouiut 4 

The etandard Mmngement of the aix fame of the box, in ortito- 
graphie projeetioa, with a view of tlie objeet on eaoh (aee. 
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Wherever drawings are read it is definitely understood that the view of the object seen 
from above is the top, or plan view; the view seen from in front is the front view, or front elevation; 
and the views seen from the sides are known as right or left side, or end views, as the case may be; 
in like manner the bottom view and rear view are designated. Moreover, the position of these views 
identifies them and their relation to each other is always that shown in Figure 4. 

It is to be observed and remembered that the top, front, and bottom views (Fig. 5) lie be- 
tween vertical parallel lines, and that the rear, left end, front, and right end views lie between hori- 
zontal parallel lines, and that the front view is common to both of these sets of views. 


Top y/etv 



Fiodrb 5 

The standard relationritip and position of the six views. 

7. The Sdection and Character of Views. With the position of the possible views with respect to each 
other established, the draftsman is now able to '*write” in the graphic language grammatically and 
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Figure 6a Figure 66 

Pictorial view of the object orthoKraphically described A three view drawing of the object shown in Fig. 6o as a 

in Fig. 66. draftsman would make it. Note that reference and con- 

struction lines are omitted. 

with the assurance that translations of his graphic statements will be uniform and in accordance with 
the “standard dictionary” of the graphic language. He finds it unnecessary, therefore, to surround 
these views of the object he is describing with the graphic explanation of how these views were ob- 
tained. Accordingly he shows only the views necessary completely to describe the object, and omits 
from his final representation the construction lines (Fig. 66) needed for graphical computations and 
composition of views. 

The matter of determining how many and which views completely describe an object re- 
quires study and detailed analysis of the object being represented. Such analysis coupled with judg- 
ment and experience make the choice and selection of views a relatively simple matter, when it is 
remembered that three dimensions are almost always involved and that, therefore, in general three 
views are indicated. Having determined on the character and number of views required, the drafts- 
man now knows where, on his drawing paper, to locate these views and how to relate them to one an- 
other so that quantitative determination of size .values may be determined. 

8. The Character of the Work a draftsman has to do and the problems of representing shapies originate 
in the following wa 3 rs: 

a. As a designer he may create. His problem then is to describe on paper an idea existing only in 
imagination. This is scientific work of a high order and demands careful graphical expression. In 
practice, a designer usually describes by drawings enough of his conception to test its workability 
and then turns his design drawing over to a junior draftsman for the complete description of the 
whole design and its many parts. 
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b. As a draftsman he may be required to describe by drawings some part or element of a machine or 
structure described by a designer on the design layout. He may have to make drawiiigs of some 
element of a machine or structure described in ve«y general terms on an assembly drawing. He 
may have to draw a part of a machine or structure already in existence but not shown by draw- 
ings, or to draw such a part when only adjacent or mating parts are shown. All such work is goi- 
erally called detailing. 

c. He may also be called upon to check drawings fof accuracy and correct statement, or to figure from 
drawings volumes, weights, quantities. Such work requires computation of an exacting nature. 
And in addition he may, in work of this sort, be required to discover quantities and values by 
graphical computation. 

In all this work, it must be obvious that the ability to describe the shapes of objects, to 
represent objects so that exact information about shape may be transferred from designer to builder, 
and the ability to establish in his own mind a clear conception of the shape already described in a 
drawing are all indispensable qualities. 

Whether the draftsman is describing a work existing only in imagination, or a work already 
outlined and explained by an assembly or design layout, or a work constructed and completed, he 
must by means of grammatical and correctly arranged orthographic views record the shape he has to 
describe. 

9. The sequence of steps taken by a draftsman in drawing the shape description of a part are these: 

a. He studies the object and reaches a decision about the number and character of views. That is, 
he decides that three views, for example, will completely describe the object and selects the top, 
front, and right end views for this purpose. 

b. Having chosen the number and character of views suitable for the description, he now computes 
the scale to which these are to be drawn. He figures, in other words, from the amount of space 
available on the drawing sheet used, what fraction of an inch on the drawing paper will represent 
an inch on the part in order to make the selected views fit the drawing space. Usually an outline 
sketch is helpful in such estimates. 

c. To the scale decided upon, he now locates and draws the center lines, or if center lines are not 
essential, the working base lines, of all views. These lines in each view are used for the base lines 
of measurement. Allowance must be made in locating them on the sheet for space for the result- 
ing view and room between views for dimensions to describe size. 

d. The working lines for each view having been located, the views may now be built up in unison by 
working from one view to another by projection and measurement. That view showing the char- 
acteristic contour of the part is usually the one to concentrate upon first. This assists in visualizing 
the shape and makes possible the derivation of other views with a minimum of measurement and a 
maximum of projection. 

e. llie final steps in the development of a drawing, as for example the adding of dimensions, or size 
information, shop notes, and other lettered data, are all elements of engineering drawing and will 
not be discussed. The steps have been outlined up to and including the point where “drawing by 
projection’' has been introduced, and this is the element of drawing-board geometry now in need of 
further 
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10. The Principal Views. While it may be seen from the development of the “imaginary cubical box” 
that six views 4) are possible, it is also evident that six views are seldom necessary to describe 
an object or a space relationship of three dimensions. 

A study of engineering drawing will also reveal the fact that special views have been de- 
vised for special purposes: for objects having involved interior or hidden detail, “sectional” views 
have been devised. In such views the object is cut open along denoted cutting plane lines and 
viewed as though portions had been removed, thus disclosing the hidden construction. The theory 
and technic of sectional-view representation is an important part of engineering drawing. 

For objects having faces oblique to the faces of the imaginary box, and thus not represented . 
on the faces of the cubical box in true shape and size, special views called auxiliary views have been 
devised. These views are an important element in drawing-board geometry and are discussed at 
length in following pages. 

Because three-dimensional directions — length, width, and depth — ^are involved and because 
views showing these directions are usually adequate for descriptive purposes, the three views which 
show these are called the principal views, and the three faces of the cubical box upon which these 
three views are projected are called the principal planes of projection. The horizontal face of the box 
at the top is called the top, or the H plane — II for horizontal; the vertical face of the box at the 
front is called the front plane, or V plane — V for vertical; and the perpendicular planes at the sides 
are called end or profile planes with an abbreviation of P for profile. The position of an end view at 
the ri^t or the left of the front view is sufficient to identify whether the end view is right or left. 
When other considerations do not enter, a right end view is usually shown in preference to a left end 
view. 

11. The positions of these planes upon which the top, front, and end views are projected are indicated 
by lines (Fig. 7). These lines are in fact edge views of the planes; when located, these reference 



A diMwotetBtae three-viev drawing showing the portion 
of refmnce lines for top front, and right end |dane. 
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lines denoting the position of the top plane, the front plane, and the end plane become the basic loca- 
tion references for all views. 

By using these reference lines — either by actually drawitig them in position or imagining 
them to be there — ^views may be drawn by projection and measurement with a minimum of tool 
manipulation, and quantitative facts about the elements of the representation, such as the length of 
lines, values of angles, and location of intersections, may be ascertained. 

Most objects, and therefore many of the three-dimensional relationships involved in their 
description, are so shaped that a three- or four-view drawing upon the principal planes of projection 
possibly the bottom or rear view plane — is adequate for a complete description. Some 
one or more of these views may have to be a sectional view, or by some of the conventional devices 
employed in engineering drawing additional information may have to be added, but so far as the gen- 
eral character and location of the views are involved, a description on the principal planes is usually 
adequate. 

12. When, however, such is not the case, as with an object having faces at angles to the principal planes, 
or with the solution of a problem wherein values and size information are required concerning a rela- 
tionship not described in its true shape and .size on the principal planes, the device called the auxil- 
iary plane is resorted to for description and solution. 



Fiotnoc 8 

A “projection box” showing the position and telati<nuhip of an auxiliary plane. 
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An auxiliary plane has one outstanding characteristic: whereas the principal planes — H, V, 
and P — are mutually perpendicular as may be readily comprehended by reference to the cubical box 
(Fig. 2) from which they are derived, the auxiliary plane is jjerpendicular to one and one only of 
the principal planes and inclines at an angle designed to make it parallel to the space situation it has 
been chosen to describe. 

In all other respects, auxiliary planes are like principal planes: projections and views are 
obtained upon them by viewijig the object or space relationship to be described in a peri>endicular 
direction to the plane. They are represented by reference lines which are in reality edge views of such 
planes, and their position with reference to the principal planes is determined by the location of 
such reference line. 

They make it possible, in fact, for the draftsman to describe in true shape, size, and rela- 
tion any object or space relationship^ not so described by representation on the principal planes of 
projection. 



3 



engineering Every phaee of engineering is illustrated: design, construction, operation, and mainte- 
nance in all branches of the profession are shown in the picture. Countless drawings and graphical solutions are required 

to make such a development possible. 
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DRAWING-BOARD GEOMETRY 

13. Definition. Drawing-board geometry is a form of graphical computation by means of which quan- 
titative values are obtained for relationships described by an orthographic drawing. There are many 
relationships described by orthographic projection which need more views of a fundamental nature, 
or which need to be projected on planes other than the principal planes, in order to show these rela- 
tionships in their true shape, size, and value. 

The principles of projection utilized for this purpose, and the drafting inanipulations 
required to disclose this additional information, are called “drawing-board geometry” because the 
problems originate on the drawing board, or may be stated conveniently by drawings, and are solved 
by drawing-board methods employing geometrical principles. 

14. The General Methods of Solutions. The problems conveniently and expeditiously solved by draw- 
ing-board methods involve the angular relationship of lines to other lines, and to planes; the true 
length and slope of lines; the true shape and size of plane areas; and the angular relationship of 
planes. 

Such problems are commonly solved by drawing-board geometry: (1) by obtaining a fun- 
damental view of the relationship on a suitably chosen new plane of projection called an auxiliary 
plane, ^2) by changing the position of the object so that a fundamental view may be obtained on one 
of the principal planes of projection, or (3) by a combination of these two methods. 

The first-named method has been called the “direct” method; it depends upon viewing the 
relationship to be solved from additional positions represented by auxiliary planes. In other words, 
the position of the observer is changed from that used for the principal planes. (See Fig. 9o.) 

In the second method no new plane of projection is required but the position of the object 
is changed so that revolved views upon the principal planes are adequate for the solution. See 
Fig. 96. 

The second method is a part of the method used in descriptive geometry, the subject whidi 
was systematized by Gaspard Monge in 1795 and is in common use in engineering schools every- 
where. The study of descriptive geometry has much to commend it : it develops the power of ana- 
lytical thinking and of visualization and provides a graphical method for the solution of all draw- 
ing-board problems. 
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F/Oi/ re 9 o =- Au<// /brv me thod. 
The droftsmon i//ews the ofyect 
/n the d/rect/o/7 //7d/coted by the ~^ 
pointer, throoph on ou^/t/ory p/one 
p/oced poro/tet to the ob/ectx 



On the fioce of ) 

this phne /s then 
drokvn who t he 
sees. Since the 
oojci/iory p/one /s 
porot/et to the object 
the true shope ond 
s/re of the i bject /s 
projected on this^.,--' 
p/o/^. " 



F/gure_9b -- Monoeon method . 

The drottsmon rotates the object to 
o new posit/on po/p/tet to the frmt 
phne of pr(ject/on, heepinp the otject 
ot the sa/77e teicet. 



Si/Tce the object /n the r/ew pos/t/on 
is porot/et to o principot p/one, cf 
proj^tt/m on that p/one shows the 
tn/e s/xpe cmd size of the oiject — 




Fiourk 9 

Illurtrating the "change of viewpoint” and the “change of position” methods. 
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The first method also is a part of the method used in descriptive geometry simplified so 
that most of the major problems in space relationships which are met in drafting and design work 
can be solved. 

The important differences in the two methods lie in the use of oblique planes: whereas 
the method of descriptive geometry depends upon revolution and oblique planes for the solution of 
problems, the method of drawing-board geometry utilizes the method of revolution to a limited 
extent, eliminates oblique planes as a vehicle for carrying out solutions, and depends almost entirely 
upon auxiliary views. 

15. The Scientific Method. One of the outstanding reasons why engineers are successful in fields of 
activity other than engineering is that they are trained during their college course in the scientific 
method. The solution of problems by this method is followed in drawing-board geometry and in- 
volves the following steps: 

A. The collection of facts relating to the problem. In engineering work this involves a survey of all 
the known factors which may influence the solution. The nature of these factors and the method 
of securing information about them will depend upon the character of the undertaking. The de- 
sign of a machine, the construction of a bridge, the erection of a building, the improvement of a 
transportation system, the financing of municipal improvements, and the building of a power 
plant are all illustrations embodying the fundamental necessity of discovering in advance all the 
engineering and economic elements affecting the proposed undertaking. The problem must be 
solved successfully not only from the standpoint of design and construction but also from the eco- 
nomic standpoint of whether the proposed undertaking is financially sound. 

B. The recording of data and stating the problem. When the facts are collected, the necessity for 
making a record of them in such logical manner and clear form that they may be preservetl, easily 
reviewed, studied, and analyzed is obvious. The use of graphics in this step of the scientific 
method is indispensable. Maps, profiles, charts, graphs, drawings, and tabulated statistics play 
an important part in presenting information about the problem and also provide ready means for 
a statement about its many details in a form suitable for solution of the problems involved. 

C. The analysis of the problem and the possible methods of solving it. In addition to having the 
problem defined and knowing all the factors influencing its solution, technical knowledge and 
scientific laws must be understood before a complete analysis of the problem can be made and 
a decision reached concerning the best method of solution consistent with technological and eco- 
nomic considerations. As analysis of the problem continues in the light of all known factors, cer- 
tain methods of solution become obviously impractical or uneconomical. By elimination and 
study the problem is reduced to its elements and a method for solution is discovered. 

D. The solution of the problem. After it has been found by study and analysis that the problem 
can be solved in a practical way, and that economically it is worth solving, the solution becomes 
the final step in the scientific method. The first element in the solution may be a report on the 
project outlined in detailed written form and illustrated by charts, diagrams, tabulations, photo- 
graphs and pictorial sketches, drawings, and (as Kipling once stated in this connection) “acres 
and acres of computations." With the approval of the project secured, its accomidiidunent 
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financed and authorized, an extensive and cooperative organization must now be established to 
design and build and assemble all the many elements of the project into a component and func- 
tioning whole. 

Thus, by breaking down the attack upon an engineering problem into the essential and 
sequential elements of procedure, and by treating oach of these elements as a problem by itself 
to be analyzed and solved before moving on to the next step, a method of work is established by 
means of which fundamentals are evaluated and a solution obtained by direct and purposeful 
procedure. 

16. The Statement of the Problem. As in practically all problems in every kind of work, the collection 
of essential data bearing on the solution of the problem, and especially the statement of the prob- 
lem, whether in the form of a mathematical equation, a written specification, or a drawing or graphi- 
cal statement, is the preliminary step of fundamental importance. 

In the work to which this book limits itself, data for problems are presented either by a written 
specification setting forth the known facts, or in the form of a drawing — either a complete drawing 
or a drawing in outline form from which for simplification non-essentials have been stripped — or by 
a combination of writtc.n statement and drawing. The draftsmari, at the outset of his attack on a 
problem, must discover the essential factors bearing on the solution of the problem and set these down 
on paper in graphical form f-.>r study, aiiuJysis, and eventual solution for the unknown but discover- 
able values of which he is in search. Thus it will soon be discerjied that (1) the solution of problems 
in drawing-board geometry is admirable ''atl direct training in the scientific method; (2) the graphi- 
cal statement of known facts about a problem is an invaluable aid to a complete appreciation and 
understanding of the situation; and (3) many kinds of problems in engineering work may be stud- 
ied and analyzed advantageously by this method and, indeed, solved if the precision of the compu- 
tations are within the limits of drawing-board work. 

As an example of this, let, the following problem be chosen as an illustration. 

A. The collection of facts relating to the problem. 

An object floating on the water is observed from a lighthouse 100 feet above the water at 
an angle of depression of 30°. At ten o’clock, when first observed, the object is N30°E from the 
lighthouse. One hour later the same object is observed through an angle of depression of 15° 
and N60°W from the lighthouse. At what rate of speed is the object drifting, and upon what 
course? 

B. The recording of data and stating the problem. 

Sketching is an invaluable aid in presenting the known facts and for discovering what un- 
known facts are to be found. 

The distance from the base of the lighthouse to the object must be found in order to locate 
its position when first observed. The distance from the base of the lighthouse to the object must 
also be found in order to locate its position one hour later. These two positions having been 
located, the direction and rate of drift may now be determined. 

Merely by reading the above statement, the need for a “picture” of this problem situation 
makes itself felt. Even in analytical solutions, diagrams are needed to fix these relationships in 
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mind. If the problem were presented to an engineer for solution, his very first reaction would 
be to express all the known factors in a graphic form for study and analysis. This form of ex- 
pression is an invaluable aid in clarifying a problem and making it easy to grasp its essential 
factors. 

(^. The analysis of the problem and the possible wa 3 rs of solving it. Since the graphic diagram (Fig. 
10) indicates a triangular relationship, and further since the given known factors are stated in 

The solution of the problem. By trigonometry. 





Fioxtre 10 

A freehand aketch and computations for the solution by trigonxnnetr)'. 
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angular values, the method of trigonometry naturally suggests itself as a means of solving the 
problem. By this method the length of A may be found by using the right triangle formed by 
the distance A as a base, the height of the lighthouse R as an altitude, and the angle of depres- 

ti 

sion of 30° tangent of 30°; A therefore will equal the tangent of 30° divided into H. In 

like manner B may be found. Thus the two positions one hour apart as to time of observation 
may be plotted and the length and direction of this distance computed. 

D. The solution of the problem. By graphical measurement. 

However, since the graphical presentation of the problem suggests a scale drawing which 
not only will describe the problem but also will enable the values required to be measured 
directly, this method should be considered. The values of A and of B may be determined by pro- 
jection, and the direction and speed may be measured; except for comparative precision the 
graphic method affords some advantages. 



Figure 11 

A drawing from which the required data may be measured. 

17. The Auxiliary Plane Method. It will be noted that the strategy in the attack on this problem de- 
pended on two prime factors: (1) knowing what to do by analysis and (2) locating on the drawing 
auxiliary planes upon which could be drawn the relationships involved so that these appear in meas- 
urable position. 

Thus, the essential principle of solution lies in locating auxiliary planes upon which may 
be drawn points, lines, planes, surfaces, and their relations to each other in such a manner that their 
true shape, slope, size, and relationship are disclosed in measurable form on the drawing. Such, 
then, is the object and method of drawing board geometry. 
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CHAPTER III 
FUNDAMENTAL VIEWS 

18. The Elements of Representation. Analysis of engineering structures reveals that they are made of 
shapes more or less familiar such as cylinders, prisms, and other geometrical forms. To describe these 
forms, either as single units or in combination with other units, requires their representation by two 
or more views. These views in t urn are made up of graphic symbols such as points, lines, and planes, 
which become the elements of representation. To represent these elements by views, to recognize 
from a graphic symbol what kind of an element (Fig. 12) is being represented, and to be able to 



ascertain the relationship of this element to others and to the whole structure constitute the funda- 
mental requirements of drawing-board geometry. 

19. Definitions. For the purposes of this book, a point may be considered a location ; a line may be con- 
sidered as an edge, the limit of an area, a contour element, or a direction; a plane may be considered 
as an area either bounded by lines and therefore having shape, or an area of unlimited extent defin- 
ing merely direction and slope. From these definitions it should be evident that a point is usually 
associated with a line — it may be the beginning or end of a line, or any location on the line; that a 
plane is an area defined by lines — the area may be bounded by three or more straight lines or one 
curved line, or it may have its position fixed by containing two lines determining direction and slope. 
Therefore, it may be seen that the fundamental element in graphic representation is the line. 

Furthermore, a study of the representation of the line in all its possible positions in space 
will make the important fact evident that all problems in drawing-board geometry having to do with 
points, lines, planes, and curved surfaces may be solved by locating the critical line of the problem 
and finding the fundamental view of this element of the representation. 

20. Necessary Views. One of the fundamentals of good drawing in representing an object is to describe 
the object completely but to show only as many views as are needed for this purpose and no more, 
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The same principle applies to drawing-board geometry. Obviously two views arc always required to 
describe a three-dimensional relationship; usually a third view is necessary. In drafting, the com- 
monly used views are top and front, or front and end, and if three views are needed the combination 
is usually top, front, and right end. 

In drawing-board geometry the top and front views are the usual views chosen to record 
the data, and when a third view is needed this is generally the right end view. 

When such views do not suffice, and other views arc required, the auxiliary view is resorted 
to as the means for describing the relationship. Since it is possible to obtain an indefinite number 
of auxiliary views, the principle of engineering drawing referred to should be the guide in choosing 
the views to show, namely, select only those views which will completely describe the relationship 
and present in measurable form the solution required, and draw no others. The best drawing is that 
which gives all the facts with the least number of lines. 

21. Notation. On working drawings, reference letters are seldom needed. The location of section planes 
to identify sections is often denoted by letters, and there are other occasional uses for identification 
of this type. On drawings which are reduced to simplest tenns and consist, therefore, mainly of 
points, lines, planes, etc., identification and reference letters are helpful in relating the several pro- 
jections or views of these elements of description. Capital letters such as A, MN, MNOP are used 
in text matter to indicate the location in space of a point, a line, or a bounded plane area. On the 
drawing the views of these are marked with lower-case letters, as a, mn, mnop, and the position of the 
view identifies it as top, front, end, or auxiliary view. Sometimes numerals are used in place of 
letters. 

The character of lines used in representing points, lines, planes, etc., is identical with engi- 
neering-drawing practice. Projection lines, or those lines joining with several views of a point, are 
light dashed lines, but since, for simplicity, construction lines are used as sparingly as possible, these 
projection lines are not drawn longer than sufficient to indicate their position. For accuracy, refer- 
ence lines and construction lines are drawn with light lines; given graphical data and found graphical 
data are somewhat heavier and accented for emphasis. 

22. Projection Planes. The principal planes upon which views are drawn are six in number for normal 
views, and of an infinite number for auxiliary views. The position and relation to each other of these 
planes are indicated on the drawing by reference lines — marked RL with a subscript h, v, p to indi- 
cate in which principal plane it lies — ^which are in reality edge views of these planes. Figure 13 
shows the reference lines for the three normal views ordinarily used — top, front, right end — and iden- 
tifies the reference line for each. 
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Figure 13 

The reference lines for top, front, and right end view. 
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Figure 14 shows the reference line positions for a top, front, left end, and an auxiliary view. 
While auxiliary planes are of indefinite number, only those are used which serve the requirements of 
the problem. The position of these planes is, therefore, fixed by two requirements: (1) they must be 
perpendicular to some one principal plane; and (2) they must be located as to slope with specific 
reference to the problem they are to serve. 



In fJr hff fne^ y/rw tMs • 
irferfncf //ne /s (X/ge 
the fop p/ohiT. 



fn f/if feff g-nof g/gw ffr/s- 
rgfergnee f/ 'ng is ffte aefgg 
y/etv cf ffie front p/one. 


frfffe fop y/gw ff/s refgrgnce 
Ung fs fffg fop gofgg v/gyy of 
f/^ fgff enofp/ong. 



fn ff}g fcp y/gyv ff?/s rgrgrgncg- 
f/ng fs ffrg fop gcfgg yfgyv of j 
f/^g fpnf p/ang. .. / 

In ff}g front //gw ffr/s /gfgrgncg 
line is the front ec^ //gw <f 
the fop pfone. 


I— I 


Front 


fn f^ front //ew ffr/s 
rgfgrgnce f/ng is ffre 
front gcfgg //gw of 
the fgff gnat pfong. 

'U 




In ffre front //ew ffr/s reference 
Ung fs ff/g ec^ //gw of on oox/f- 
iory pfong /ooroffef to ffre s ton f/ng 
foce of fftg object onaf perpen - 
cf/cofor to ff^ front pfong . 


Figure 14 

The reference lines for top, front, left end, and an auxiliary view. 

In text matter and problem statements the planes of projection are often referred to by let- 
ter, as B for the horizontal or top plane; V for the vertical or front plane; P for profile or end 
I^anes with the position of the view indicating whether it is right or left; and A for auxiliary planes. 
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23. To solve any problem by the graphical methods of drawing-board geometry, lines of reference (RL) 
must be established in order to relate the elements of the problem (such as points, lines, and planes) 
to the planes of projection as a base for measurement and for transferring distances from one view 
to another. When these reference lines are drawn, the distance of points, lines, and planes from H, 
V, and P (top, front, and profile planes of reference) become established. 


In Fig. 15o, for example, a front and a right end view of an object are given. The prob- 
lem is to make a better shape description of this object by adding a top, or plan, view by projection. 
The first step, then, in this graphical solution is to locate the necessary reference and projection 
lines. 


In Fig. 156 is shown these required reference lines, the method of locating them, and the 
derivation of the required top, or plan, view by their use. 


In Fig. 15c, three views (a plan, a front elevation, and a right end view) are given show- 
ing a complete description of the object. The draftsman’s problem is to locate the necessary refer- 
ence lines on the drawing so that certain changes in the object may be represented and drawn by 
projection. 


In Fig. 15d, these required reference lines are shown, the method of locating them is indi- 
catedj and the changes in the shape of the object are represented and drawn by projection. It is to be 
noted that the notch of given width and depth which was to cut through the top of the object intro- 
duces new lines in the drawing, and that the location and position of these new lines are found by 
nmasurement and projection. 


When a draftsman lays out a problem, the position of the reference lines is fixed only by 
space requirements of the resulting drawing. In such a case it should be kept in mind in planning 
the drawing that it is important to have views reasonably close together for ease in reading the 
drawing, that the views should present a well-arranged and balanced tqjpearance on the paper, and 
that sufficient space should be provided around the views for notes mid siae description which wiS 
be added later. 
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IDCATION OF REFERENCE LINES 


Fiotmi 15 

The methods used for locating reference lines in orthographic projection. 
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24. Possible Line Positions. A line may be in one of seven different basic positions in relation to the 
principal planes of reference. These positions are graphically described in Figs. 16 on the follow- 
ing pages. 

In Fig. 16o, three positions of the line are shown when the line is perpendicular to the 
principal planes. Certain obvious relationships are to be observed in studying these graphic descrip- 
tions. 

Top Row. Line AB is one edge of a block shown pictorially at the left. This edge AB is 
perpendicular to the top, or horizontal, plane of projection. Therefore, in the three-view drawing 
of the block, the line AB is represented by a point (o6) in the top view. Since AB is perpendicular 
to the top plane, AB must of necessity be parallel to both the front and profile plane. Consequently 
the front view ah and the end view ah are equal in length and are equal in length to the line itself. 
The edge AB alone is shown as an orthographic projection in the figure in the right-hand figure of 
the top row. From such a three-view drawing, the relation of the line to the three principal planes 
and its distance from them may be observed. From the dimensions on this drawing, it is to be noted 
that AB is a V distance hehind the V plane; that A is an distance helow the top plane; that A 
and B are a p distance to the left of the end, or profile plane; and that the length of AB may be 
measured by the distance TL. Furthermore, it is to be well noted that these dimensions all appear 
in two views. 

Middle Row. The pictorial drawing at the left shows the position of the block arranged so 
that AB is now perpendicular to the front plane. In the three-view drawing of the block, therefore, 
the edge AB is represented in the front view by a point {ah). Since AB is perpendicular to the front 
plane, AB will be parallel to both the top and end planes. Therefore, the top view and right end 
view ah are equal in length and are equal in length to the line itself. The edge AB as a line alone is 
shown as a three-view drawing at the right. From the dimensions on this drawing, the distance 
the point A is from and its position with respect to each of the three reference planes may be read. 
The position of B and its distance from these planes may be found by similar measurements. The 
true length of AB is also shown. 

Bottom Row. The position of the block in this description is adjusted to make AB per- 
pendicular to the end. or profile, plane. In the three-view drawing of the block, the edge AB ap- 
pears on the right end plane as a point {ah). Since AB is perpendicular to the end plane, the line 
AB will be parallel to both the top and the front plane of projection. Therefore, these two views 
of AB are equal in length, are equal in length to the edge AB itself, and are parallel to the horizon- 
tal reference line between the H and V planes of projection. In the right-hand drawing of this series, 
the edge AB is represented as a line, or one of the geometric elements of shape description. From 
the dimensions on this three-view description, the position and relation of A and B to each of tihe 
principal planes of projection may be seen. The true length of the line is also shown. 

Suggestion : With dividers check the distances from H and V in the end view in the draw- 
ings, compare these with the same distances in top and front views, and note particularly how these 
distances are transferred and how views are derived by projection. 



Fiqurb iba 

Three possible line positions. 

Distances from the three principal planes may vary, but these 
views represent the relationship of the lines to the reference 
planes in the positions described. 
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24. Possible Line Positions (cont.). The block in Fig. 166 has been placed so that its edge AB succes- 
sively becomes parallel to the front, the top, and the end plane of projection. In all these graphic 
descriptions, it is to be observed that the view of edge AB on the plane of projection to which it is 
parallel is the only view which is equal in length to AB, and that all other views are shorter. There- 
fore, when any view of a line is equal in length to the line itself, the line must be parallel to that 
reference plane upon which this view of the line is projected. 

In the drawings of Fig. 166, only one slope of the line, of the many slopes possible, is 
shown. Other slopes would vary in the angle of inclination but would not affect the principles of 
representation illustrated. 


Top Row. The edge AB inclines at an angle to the top plane but is parallel to the front 
plane. In the three-view drawing of this block AB appears, therefore, as a sloping line in the front 
view equal in length to AB, while both the top and right end view are shorter than the true length. 
In the drawing at the right, edge AB is shown by three views, each dimensioned to show the posi- 
tion and relationship of line AB to the principal planes of projection. It is to be noted also that the 
front view of the line shows the true shape and size of the angle of inclination to H since this view 
is a fundamental view. 


Middle Row. The block has been turned so that edge AB is now parallel to the top plane 
and oblique to V and P. The three-view drawing shows, therefore, that only the top view indicates 
the true length of AB while the front and end views are foreshortened. In the drawing of edge AB 
as a line alone, the dimensions show the position and the relationship of A and B to the projection 
planes. The top view, it is to be tioted, shows not only a fundamental view of AB, and hence its 
true length, but also the shape and size of the angle AB makes with the front, or V, plane. 


Bottom Row. The block has been located to make its edge AB parallel to the right end 
plane and oblique to H and V. The three- view drawing of the block, therefore, shows AB and the 
whole face of the block of which AB is one edge in its true shape, size, and location below H and 
behind V. The drawing at the right, showing three views of AB alone, is dimensioned to illustrate 
how such a drawing locates the line with reference to the planes of projection, and shows true 
values. The end view shows not only the true length of AB but also the true values of the angles 
of inclination of AB to both H and V. 


Suggestion : Check the projection by means of triangles, and note carefully the construc- 
tion method for drawing by projection. 
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'Hiree possible line positions. 

Distanoes from principal planes, and the degree and direction of slope, may vary, but these views represent line relationship 
to the principal planes when lines are in Uw typical positions described. 
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24. Possible Line Positions (cont.). In the six positions of the block illustrated and described in Figs. 
16a and 166, edge AB was parallel to some one of the principal planes. This line was also in the 
three cases described in Fig. 16o perpendicular to one plane as well as being parallel to two other 
principal planes. In all these ^ix positions some one view of the line on a principal plane was a fun- 
damental view from which all the essential facts about the line could be determined. 

In Fig. 16c, however, the seventh p<xution of a line is shown. The block has been so ro- 
tated that its edge AB is neither parallel nor perpendicular to any of the principal plemes. 


Top Row. The three-view drawing of the block shows clearly that no line, no face of the 
block is parallel or perpendicular to any of the principal planes. The three-view drawing of the 
edge AB alone shows this line, therefore, oblique to all three planes. Although no true information 
about length or slope is disclosed by this drawing, the position and relation of points A and B to these 
reference planes are shown. From this graphic information, a draftsman by using new views of the 
auxiliary type may derive information about true length, slope, and direction by utilizing the facts 
available on the drawing. The method for doing this will be explained in Article 26, Fig. 17. 


Middle Row. The two three-view drawings of line AB represent a line sloping at a differ- 
ent angle in each qase and in a different direction and illustrate how slope affects the position and ap- 
pearance of the pi[incipal views. Although true length and the true angles of inclination to H, V, 
and P are not shown in measurable position in either of these drawings, enough graphic data are 
available on these drawings to enable a draftsman to find this information. While obviously an 
infinite number of positions for oblique lines are possible, the degree of obliqueness in no way affects 
the principles of representation involved in describing position with reference to principal planes of 
projection. 


Bottom Row. In this graphic description of a line AB a new slope and position are de- 
scribed by four principal views. Again it will be observed that none of these views is«a fundamen- 
tal view, and, therefore, no true facts about length of angle of inclination appears in measurable form. 
To find such information the draftsman will be obliged to use the given data as the basis for looatr 
ing and projecting a new view on an auxiliary plane of reference. 

The fact that this is always true in dealing with oblique lines and planes emphasizes the 
need for a thorough understanding of fundamental views. 
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An oblique projec- 
tion Hhe this one to 
the right is m itself 
substantially a pic- 
torial drawing. 



AN OBLIQUE POSITION TO ALL PLANES. TWO END VIEWS SHOWN 


FrouRB 16 c 

The possible oblique posilaons of a line. 

Distances frm principal planes, the direcrion, and Uie degree 
of slope may vary, but these views show that oblique lines 
have views oblique to all prindpal planes of reference. 
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25. Fundamental Views. A fundamental view is that view which shows true relationship. A funda- 
mental view, therefore, always is drawn on a plane, either a principal plane or an auxiliary plane, 
which is parallel to the relationship to be described. The fundamental view of a line shows its true 
length and slope; the fundamental view of a plane shows its true shape and size if the plane is 
bounded by lines, and if defined only by parallel or by intersecting lines its fundamental view will 
show the true relationship of these defining lines. 

The three important points to know in the analysis of drawing-board geometry problems 
arc: (1 ) what positions of lines, or planes, or combinations of points, lines, and planes, require auxil- 
iary views for their complete description ; (2) the position in which to place the auxiliary plane to 
secure the fundamental view which describes true relationships; (3) the projection methods used in 
securing fundamental views. 


26. To Find the Fimdamental View of a Line. In Fig. 17, the fundamental view of oblique line AB is 
found on two auxiliary planes: one plane {RLn) is perpendicular to H, and the other {RLv) is per- 
pendicular to V, but both auxiliary planes are parallel to line AB. 

In the top figure is given the construction for finding the auxiliary view of AB on these 
auxiliary planes by projection ; in the bottom figure the auxiliary views are found by measurement 
and projection. The construction in the bottom figure is more commonly used. 

Since line AB is oblique to all principal planes, an auxiliary view will be required to 
describe its length and slope. Since this auxiliary view must be a fundamental view the auxiliary 
plane must be located parallel to AB, and must be either perpendicular to H, the top plane, or to V, 
the front plane. (In the figure, both possible auxiliary planes are located.) 

The geometric projection method and the combined measurement and projection method of 
locating the fundamental view of AB on these auxiliary planes are shown in detail on the drawing 
and may be comprehended by reading the drawing. 


27. Problem Models. Figure 17a represents the identical line AB which was used to illustrate the deriva- 
tion of the fundamental view of a line in Fig. 17. This page may be removed, cut, and folded as 
directed on the drawing, to make a model of the problem showing the actual relationship described 
by the drawing. A study of this model when folded and a comparison of the model with Fig. 17 will 
clarify and establish the relationship described by a drawing with the same relationships as shown in 
space on the modeL 
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BY PROJECTION 


jru£' T" 


'Fu/?c/or77if’/7/a/ 

'' \ v/ew of AB on 


o/ \ 


,7fu<f or>^/e w/ff H/ oux/7/ory p/one 
' .y / perpencf/cuhr To H 

. ' P' /v, 




\ 

V-''' 


Funa'a/ne'nfo^ 
v/ew of AB on^y 
oc//K///ory p/o//e '■ . 
perpena//cu/or 7o 
V o/Ttf pnro//e/ 7o 
AB sfow/ng //s true 
/enp/f one/ /rue orp/e 

W/f/7 K 


o:<. ^ \ 




\ .■ ' 'v" 


" — Th/S refe/TT/Tce^Z/ne 

oppeors //ere w/?en 
ous/f/ory p/one /s 
fo/e/ec/ oBoi/f FLf, . 

// sZ/ows ZZ/e pZone 
/s perpencZ/cuZor Zo 
-- ZZ. /Refer Zo foZc//ng 
Z^ /nocZeZ ZSo. 


True length 


BY PROJECTION 
AND MEASUREMENT 


'> Py Z^rue ongZe w/ZZ/ ZF 


Note ZhoZ /s on ec/ge 
v/ew of Zhe oax/Z/ory pZone 
one/ ZhoZ ZZr/s pZone /s par- 
oZZeZ Zo AB one/ /oerpeneZ/c- 
o/or Zo A. The oux/ZZory 

v/ewefA, Zherefo/ ^, /s 

Zhe so/?^ o'/sZo/Tce fro/7? 


RLy os A /s fro/7? K 


o/7gZe 
w/ZZ? 1/ 


/? uh/s i/ew of AB on ZZ/e oux/Z- 
Zory pZone RL/, w/ZZ Z/e he ■ 
Zween p)erpe/7eZ/cuZors F RL/, . 
S/nce Zhe oux/Z/ary pZane /s 
perpene//ec/Zor Zo F, Zhe oux/Z- 
/ory v/ews of A one/ S w/ZZ Z?e 

^J^oZee/ on ^Z?" e//s/once from 

RLf, TJhe eZ/sZonee A, one/ B, 
/s from ZZ. 


FUNDAMENTAL VIEW OF A LME 


FioxnoB 17 

The derivation of a fundamental view of a line. 




DRAWING-BOARD GEOMETRY 


THE SCIENTIFIC METHOD 

Prob/^/77s /rn^P/ng re/abonsb/ps jbefi^<t^en po/nfs, //n^s, 
ancy p/ones, or /ni/o/i^/ng re/of/onsh/ps of fbese e/r-^ 
rr?er?/s i/v/f/i st/r/bces, may br so/i^ec/ by ype sc /rm 
t/f/c mefhocy*' Pefer fo Arbc/es /3 one/ /6. 


SURVEY 

Fbcfao/ c/a fa aboaf /he 
prob/em /s e//her co//ec/eai 
or /s g/^en /n i/vr/ffen form. 
These foc/s musf he fhor- 
ough/y cync/ersfooc/. Refer 
fo Arfc/e /5A. 


DRAWING 

The faefs re/o//ng /o /he 
prob/em mus/ he recorc/ec/ 
/n graph/co/ form. By mears 
of stoch groph/cof a/a/a the 
re/af/o/?sh/ps are tc/sao//zec/. 
f/efer fo Arf/cfe /5B. 


ANALYSIS 

By means of ano/ys/s, (g)f/7e 
rega/remenfs of f he prob/em 
one/ (b) hoyy fo represent 
one/ measure these c/afa 
are cf/scoyereaf. Refer fo 
Arf/c/e /5C . 


SOLUTION 

Seyera/ mefhoo/s of so/uf/on may toe /ncf/cafecf hy the am 
a/ys/s. The most cf/reef one/ accurate me f hoc/ /s, of 
course, the best. Such a mefhoef m// foe fbunc/ /n one or 
more of the /Essen f /a/ Pnne/p/es. Refer fo Arf/c/e /3/?, 


THE ESSENTIAL PRINCIPLES 

EP / To measure the /engfh, the cf/reef/on, one/ the s/ope of a //ne. Arf/c/e SO. 

EPS To /ocofe o //ne of g/yen /engfh, s/ope one/ cf/rect/on. Arf/c/e S/. 

EPS Id /ocafe ana/ measure the shortest S/sfance from a po/nf fo a //ne. Arf/c/e 33. 

EP4 lb measure the ang/e toefyyeen fyyo //nes. Arf/c/e 37 . 

EPS lb construct a p/or/e f/gure of g/yen shape, s/re anS /oca f /on. Arf/c/e 39. 

EPS To f/nS ychere a //ne p/erces a p/one. Arf/c/e 40. 

EP7 The pnne/p/e of reyo/y/ng. Arf/c/e 4/ 

EPS To /ocafe one/ measure a perpencf/cufar from o po/nf /o a p/ane. Arf/c/e 43. 

EP9 To /ocofe oncf measure the shorfesf //ne conneef/ng fyyo //nes wh/ch are ne/fher 
pora//e/ nor /nferseef/ng . Arf/c/e 44. 

EP/0 To measure the ang/e a //ne mo/<es yy/fh o p/ane. Arf/c/e 43. 

EP// 7b /ocafe fhe //ne of /nferseef/on foefyyeen fyyo p/anes. Arf/c/e 46. 

EP/E To measure fhe ang/e befyyeen fyyo p/cmes. Arf/c/e 47. 

EP/339 Proh/ems on surfaces. Arf/c/es 33-^83 /nc/us/ye. 


Essenf/af Pr/nc/p/es are haseef on the app/zcah/m of 
founebf/on /<noyy/eo^. l/\f//houf fh/s bas/c Anoyy/eSge 
neif/ier w/// fhe pr/nc/p/es be una/ersfoocf r/or yy/// /f 
be poss/b/e fo so/ye prob/ems /n Drayy/ng Board 
Geomefry. Pefer fo Cbapfer I]E. 


BASIC KNOWLEDGE 

/ Orfhograph/c y/eyy arrar/gemenf. Pefer fo Arf/c/es 6^/E, 

2 \//eyy efer/yaf/on by orfhograph/c projeef/on. Refer fo Arf/c/e 33. 

3 The purp>ose ar/d otnyaf/on of auyc///ory y/eyvs. Refer fo Arf/c/es /Ed4, and 22. 

4 The fundamen/a/ y/eyy of a f/he. Refer fa Arf/c/es 23 and 26. 

3 The fundamenfa/ y/eyy of a p/ane. Refer fo Arf/c/es 35 and 36. 

6 f^rpend/cu/or re/of/onsh/ps. Refer fo Arf/c/es 32 and 42 . 


INDEX OF PRINCIPLES 


Index of I^dplee. 













CHAPTER IV 


ESSENTIAL PRINCIPLES 

28. E^ential Principles. The basic drawing-board ojDeration required in solving problems of three- 
dimensional nature consists in finding a fundamental view. The method of finding the fundamental 
view of a line is described in Article 26 and Fig. 17; the method of finding the fundamental view of a 
plane will follow in Articles 35 and 36 and Figs. 24 and 25. 

With a working knowledge of these fundamental operations, it becomes possible to solve 
the problems involving points, lines, planes, and surfaces directly on the drawing board by graphical 
methods. These problems are catalogued as essential principles and for convenience and brevity are 
listed as EPl, EP2, etc. They are arranged in such sequence that each depends to some extent on the 
one which preceded. For example; unless the derivation of the fundamental view is understood, and 
the drawing-board operations required for its graphical represei nation mastered, the first essential 
principle cannot be comprehended. In like fashion, Essent'.al Principle 2 depends upon an under- 
standing of EPl. Therefore, thoroughness in study and in understanding as the subject progresses 
is imperative. 

Engineering students .should constantly keep in mind, therefore, the fact that the study of 
drawing-board geometry is in reality itself an engineering undertaking demanding sound and com- 
plete foundation work before a superstructure is begun. 


29. To Measure Direction and Slope of Lines. The direction of a line in drawing-board work is usually 
expressed by its bearing, which is its angular deviation from true north or south (as, for example; 
N30‘“-16'W, or Slfi^-IT'E), or by its angular inclination to the vertical plane of reference (as, for 
example, 60° with V). The slope of a line is expressed as its angular inclination to the horizontal 
plane of reference (as 30° with H), or by its grade, which is the number of feet of rise or fall for each 
100 feet of horizontal run (as, for example: 15 per cent rising grade, meaning that for each 100 feet 
of horizontal run the line rises 15 feet above the level of the starting point). 

Although this book does not include all the problems of value and practical application, 
enough of the essential principles have been explained and demonstrated to equip the student to 
solve the usual problem situations which he will meet in the drafting room. With a knowledge of 
these principles, new and even unusual problems may be reduced by analysis to these fundamentals 
and successfully solved. 
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To find the direction of a given line : Direction is measured on the plan view. True north 
is always the top of a map (or it is indicated by a drawn north point). The direction of a line is 
stated by its bearing in degrees, minutes, and seconds east or west of true north or south. In Fig. 
18a, ab is a given plan view, and on the drawing is indicated the method of finding its bearing of 
N36“-19'-00"E, the starting point being a. If b were taken as the starting point the bearing would 
be S36°-19'-00"W. 


To lay off a line in a stated direction: A starting point must be given or assumed. In Fig. 
186, a is taken as the starting point of a line of indefinite length which is to bear N38°-40'-00"E. 
If the length of this line were given, this distance would be measured on line ab if it were the hori- 
zontal distance; if the length were the actual true distance a fundamental view would be required as 
explained later in Fig. 20. 


To find the slope of a line : Slope is expressed either as the angle a line makes with the hori- 
zontal, or in grade. Grade, it should be observed, is in reality the natural tangent of an angle when 
its adjacent side is 100. To measure slope, a fundamental view of the line is required; such a view 
is given as inn in Fig. 18c. This figure shows not only the method of measuring the slope, but also 
the position of the angle with respect to the measuring lines. 

To lay off a line of given slope : When slope is expressed by the grade of a line, a rising 
slope (or plus) indicates that the far end of the line is higher than the starting point; when a fall- 
ing slope is indicated (or minus) the far end is lower than the starting point. In Fig. 18d, m is 
the starting point of a line which slopes on a — 12 per cent (or falling) grade. This means, of 
course, that any point n taken 500 feet from m, measured on the horizontal, in the given direction 
will be 60 feet lower than m. It is obvious from the drawing that the actual connecting distance 
between m and n is more than 5(X) feet. 

Draftsmen must keep in mind that in map work distances are measured and laid off on the 
horizontal. In other words, the actual length of a tunnel between two points at different elevations 
would be longer than the “map” or plan view. The plan view, therefore, shows the measured but 
not the true length of such a line connecting two points. 

The most satisfactory method for measuring and laying off angles on the drawing board, 
both accuracy and tools being considered, is the method of natural tangents. The natural tangent 
of an angle is the value obtained by dividing the side opposite the angle to be measured by the side 
adjacent to the angle when these two sides form 90°. The values of natural tangents are available 
in handbooks and other convenient sources and for that reason are not included in this book. 

In structural drawings, and drawings of.like nature, slope is shown by a slope diagram 
which is based on the steel square. A right triangle is drawn with the hypotenuse parallel to the 
slope, the adjacent side 12 inches (to scale, of course), and the opposite side indicating the natiural 
tangent on a base of 12. 
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0)60' 


F/ pure /Fj 2'~ f/nc^ fhe d/recf/or? of a g/i/e/? ///?r 

i / ) Throup/i fhe shr//np po/nf o cyrotv o frue r?orF? 
hne. Make ff/soap con^'er?/enf /enpi^k?. soy J . 

(f) /hroupk F/s 4' po/rf F/aw a seeoncf //ae of npff 
ong/es /o ffe norff ///Te. Meosare ffe /eagf? of 
th/s t/ne between tt-k? g/een t//?e ob ana' /he /lortt/ 
t/ne. Th/s d/sto//ce /s 2.94 . D/i /de th/s c//sf<once 
by 4 and iocate the obto/r/eYt yo/ae (0.72.9) /// a 
tab/e of //oturo/ tar/gents. 

{2 The onga/or ya/o'e (36 -/9) w/// be the anputan de- 
v/ot/or? of t/ne ab fro/v north, thus g/dng a bear,7?g ' 
of/V36d/9F. 

Ejgure /8 b'- 7b fay off a t/ne /n a stated d/rert/a//. 

i t ) Prow a t/'ue nortn and s/uth t/ne through the 
start/ng po/r/t a Make- th/s t/r/e any coneen/e//t 
ter/gth, soy - f. 

■ 2) Thro/jgh th/s 4" ao/r/t draw a .•itxond t/ne at r/ght 

a//g/es to the test. Make th/s t/ne 2.20' tong. Th/s m///e 
/s obta// 70! / by /7nd//?g /n a fab/e of n/t/jrot tangents 
the /Toturat tangent of the o/yen ang/e 38 “^tO' and 
rn/dt/pty/rg 4 by 4' the length of the odje/eent s/de. 

(0) fon/^et the pg/nt b (foar/d as /nd/cated /n .2) n/th 
po/nt a. Th/s t/ne ob ///ct/r/es 28° 40 to r/ortf/ and 
bears At 28 -40 'L . 

Q) The s/ze and pos/t/on of stated a/?g/c of d/rect/on. 

F/gure /8 c ■ “ 7o f/nd the s/ope of a g/uen t/ne. 

(? ) Prow a hor/zontat t/ne through the start/ng pc7/nt 
m. Make th/s t/r/e any conren/ent tength. soy 3 
Erect a perpend/cutar to the honzontot t/rK' at the 
po/nf. Measure the tength of th/s pTerper/d/cutar 
between t/ne At At and the hor/zontat t/ne. Th/s t/r/e 
measures 2.0" P/z/de 2 by 3“ and the guot/ent /s 
the na/urat tar?gent (Q400J of the s/ope ongte. 

(0) F/nd the angutar zo/ue /n a tabte of r/ot/yrat tangents 
for the tangent 0.400. Th/s za/ue (2/ °49) /s the s/qoe 
of t/ne MN. 

F/gure t8d'~ To toy off a t/ne of g/zen stope. 

f Measure 500' hor/zontat ty in the given di recti or/. 
Locate rt/e erxt of 300' distance /r/ fhe etezatio'/ view. 
At th/s point erect a perpendicular 60' long (r/ote 
tt/at 60' is t2X of 500') and locate n lower than m. 
(§) Connect m and n in the elevation view thus 

obtaining the required view of tine MN siopj/hg 
dowrwa.nd at 12'% grade. 


TO MEASURE DIRECTION AND SLOPE OF LINES 




Fiotna 18 

Hie measurement of direction and slope of lines. 
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30. EPl. To measure the length, the direction, and the slope of a line. 

The length of a line is obtained by finding any one of its several fundamental views (Article 
26, Fig. 17) and measuring this view with the scale. 

The direction (or bearing) of a line is obtained by finding the angle its top view deviates 
from true north or south and the direction of deviation (as east or west). (See Article 29, Fig. 18o.) 

The slope of a line is measured by finding the angle the line makes with the top plane 
(Article 29, Fig. 18c) or by finding the grade of the line. (Article 29, Fig. 18d.) 

The angle the line makes with V, or the front vertical plane, may be obtained by finding 
the appropriate auxiliary view of the line on an auxiliary plane perpendicular to V and measuring 
the fundamental view of the angle thus shown. (Fig. 19.) 

1. To find the direction of line MN. 

Ill j?ig. ly, MJ\ 18 a line siiown by a top view and front elevation. The problem is to find 
its length; its slope or the angle it makes with H, the top plane; and the angle it makes with V, the 
front plane. 

By drawing a north line through m in the top view the position and size and direction of 
the bearing may be observed at once. By obtaining the value of the bearing angle (Article 29, Fig. 
18a) the direction of the line MN may be given as NSS'-S'E. (See Fig. 19, note 1.) 

2. To find the angle MN makes with H. 

i5y locating an auxiliary plane parallel to MN and perpendicular to the top plane (see Fig. 
19, note 2), the angle the line MN makes with the top plane, or the angle of slope, may be viewed 
in a normal direction, and when projected upon the auxiliary plane indicated by RLi, its fundamen- 
tal view is obtained and may be measured for its value by the method illustrated in Article 29, Fig. 
18c. (See also Article 26. Fig. 17.) The angle in this fundamental view having been found and 
measured, the slope of the line may be given as 44°-18' with the top plane. 

3. To find the angle MN makes with V. 

By locating an auxiliary plane (RLv) parallel to line MN and perpendicular to the front 
plane V (see Fig. 19, note 3) a fundamental view may be obtained (Article 26, Fig. 17) which will 
show in true size and relation to V the line MN. By measuring the value of this angular relation- 
ship, the value of the angle MN makes with V may be stated as 36‘’-26'. 

To measure the length of MN. 

Since both the view of MN on RLh and on RLv are fundamental views, these two auxiliary 
views of MN may be scaled and will, of course, be found equal, and will be equal to the true dis- 
tance from M UiN. 

The value of the angle a line makes with H should be measured on the auxiliary pro- 
jection of the angle on the auxiliary plane parallel to the line and perpendicular to H, similarly 
the angle a line makes with V should be measured on the auxiliary projection of the angle on 
the auxiliary plane parallel to the line and perpendicular to V. It is to be noted that these 
angles are not complementary. 
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Q) T/f/s a/>p/tf - a fm(/o/;?<r/rfo/ y^ftv 
Of? oux///ary p/of! 0 - RL/, -/fxfose/ros 
tho s/ope of f/ie ///^ /of/ie f)p 
phf^. Refrr /o Ar/xR 29, F/pure 
/3c for /fe ff?c/R)(f of /Tfifosor/rp 
//s 


I / 1 T/f/s cfffp/r /?7(f0s/frcs /fr 3/rrc//off 
of ///fc A/M Refer /o Ari/c/e 29, 
F/gure /3o for /Me me/Aod of /f/eosur- 
//?g //s i/a/ue. 


R rn 



/ / 


i 3'' TAe ( 0 /?g/e /fe/tveie/f /Ae //re MM /OffM /Ae 
fro/;/ or F p/of/e appears /// /A/s ouMAary 
v/ew /// //s /rae s/ze. Refer A> Ar//c/e 29, 
Figure /8c /or /Ae /ne/AoM of /neasun/^ //s 
ra/ue. 


Spec/a/ Mo/e ■ 

OtserreAfaf MM /s ob/igue h a// pn/fc/pa/ p/anes ar/a/ //fo/ /Aerefore, re/ZAer /Ae /opner/Ae fro/?/ 

sAoyys i/s /rue /e/fg/A. 

Observe /Aof s/rce M// /s ob/igue A) //one/ /o If /Ao/ //ei/Aer /Ae a/?g/e MM /mAes m/A //or !/ appears 
iff /Ae g/yer y/eio's /A i/s /rue s/ope or size. 

Observe //to/ /be fu/7c/a/?7erf/o/ yieyy or? RL^, s/foyvs bo/h ///e /rue /eng/b of MM orM /be true 
size exf /be arfg/e M/V /naAes m/b //; arfc/ /ba/ /be fu/ 7 c/a/?^rfa/ y/eyy on RL^ sAoy/s bo/b //ie 
/rui, /t ng/b of /if/V offc/ /be /rue sMe of /be ong/e MM mo Aes m/b K 


TO MEASURE LENGTH. SLOPE. AND DIRECTION OF A LME 


Fiaimi 19 

EaMUtial Priodple 1. 
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31. EP2. To locate a line of given length, slope, and direction. 

Let the problem be stated as follows: From the bottom of a given shaft, A, locate the cen- 
ter line of a tunnel which runs north 32°-16' west from A on a rising 12 per cent grade for 367 feet 
4 inches measured along the tunnel. 


1. Lay off the direction on the top view. This may be done by laying off say 5 inches on a 
line true north from top view of A. From a table of natural tangents find the value of the tangent 
of 32°-16'. Multiply this value by 5 (since 5 is used as a base in place of the 1 value in the tables), 
and lay this value off by scale on a line perpendicular to north in the west direction. Through the 
west entl of this line draw froiti a in the top view the tenter line of the tunnel, and let it be indefi- 
nitely long. 


2. Lay off the grade on an auxiliary plane perpendicular to the top plane and parallel to 
the center line. Lay off 500 feet on a horizontal line through the auxiliary view of A — such a line 
will be parallel to RLh — and erect a perpendicular 60 feet long (60 feet is 12 per cent of 500 feet). 
Through the 60 foot point and the auxiliary view of o draw the auxiliary view of the center line. 
This center line will be indefinitely long on a rising 12 per cent grade, since the line rises 12 feet in 
every 100 feet of horizontal run. 


3. Lay off the length on the fundamental view. The auxiliary view of the center line just 
located will be a fundamental view. On it lay off 367 feet 4 inches from o. Thus find the funda- 
mental view of ab which is the given length of the center line. 


4. The point h may now be located by projection in the top view, and in the front view. 
Thus is located line AB, the center line of given length, of given slope, and of given direction. 


By the application of similar methods any line may be located, provided that length, slope, 
and direction are knowm. The principle involved is to find the fundamental position of the line from 
the data given. 
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( 7 ) Th/s c//s/or7ce /s ohfo/r/rc/ hy mu/hp/y/ng /he 
yo/c/e oT /he /7o/uro/ /opger// of 3£'-/6 \>yh/ch /s 
0.63/ by 3, /he hose //he of meosarerr/e/?/. 

Thus /s o Q/ ye/7 oog/e /o/c/ off by zio/uro/ /or/ger/Zs. 


@ Th/s ouA/Z/ory y/eiv of /he cer?/er 
///7e of /he /u/7/7e/ r/ses /2 '/h eyery 
/OO ' Therefore, // r/ses or o /2 Z 
gr/oc/e. 


Q) Loco/e b' 367-4' fro/r o or 
/h/s furc/o/ver/o/ y/eie. 


\ 

I 3/53 






Q) Th/S y/zne of b' /s ob//o/reo/ by 
prg/ec//or fro /77 /he oux/Z/ory y/eyy. 



\ ' o 


(2) Th/s refere/xe //re /s /r //, /he /op 
p/ore, orKf /s /here fore groaroZ /eye/ 
ir /he oux///ory y/e>P. 


b\ 


Q) Th/s y/eyy of b - /he fror/ y/ew - /s ob/o/recZ by 
proyechor fro/r /he /op y/eyy <orc/ by /roA/r/g ///e 
fror/ y/eyy of b /he s/orre cf/s/orce be/oyy /he /op 
p/ore fh) os // /s shoyyr /o be /r /he /oux/Z/ory 


y/eyy. 



// /s cfes/ 'r/ob/e /o check groph/co/ co/rpu/o//ons. 
T/?e /rue /erg/h of ftB /s four a/ here C/f/eck yy//h 
ef/y/cfers // 7 /s /erg/h yy//h ///e /erg/h /r /he /op 
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TO U3GATE LINES OF GIVEN LENGTH. SLOPE. AND DIRECTION 


Fninia 20 
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32. Perpendicular Relationships of Lines. When two lines are at a right angle to each other, such a 
space relationship is readily understood. The draftsman’s problem is one of correctly representing 
such a relationship by views on a drawing. 

When a line is shown by a fundamental view, any line perpendicular to it will be projected 
on the reference plane of this fundamental view as a view making 90° with the fundamental view. 
This is an important projection principle which must be clearly comprehended. By its application, 
perpendiculars may be erected to a given line either from a point on the line, or from a point not on 
the line. 

To erect a perpendicular to a given line at a point on the line. In Fig. 21a, a line AB is 
given by a top and front view. The line is parallel to V ; therefore, the front view of AB is a funda- 
mental view. 

1. To erect a perpendicular to line AB at a given point 0 on the line, draw a line 01 mak- 
ing 90° with the fundamental view. Observe that 01 may be in any position or of any length so 
long as its front view inclines 90° to the front view ab. 

2. 02, for example, is a second possible position. 

3. To make this perpendicular any required length, or to locate it in any specified position, 
an auxiliary view on plane RLv which is perpendicular to the line and to V is required. 

To erect a perpendicular to a given line from a point not on the line. In Fig. 216, MN is 
the given line to which a perpendicular is to be drawn from given point 0. 

1. Since neither the given top view nor front view of mn is a fundamental view, a funda- 
mental view must be located on such an auxiliary plane as RLv parallel to MN and perpendicular to 
V. (See Article 26, Fig. 17.) On the same auxiliary plane find the auxiliary view of the given 
point 0. 

2. On this fundamental view of line MN, erect a perpendicular to mn from o and thus 
locate p, the foot of the perpendicular. 

3. Find by projection the location of P on the front view, and from this front view p the 
top view of p on the top view mn. Thus is located the top and front view of the required perpen- 
dicular from 0 to MN. 

4. If the true length of OP is desired, locate an auxiliary view of OP on an auxiliary plane 
RL perpendicular to RLv and parallel to OP. This fundamental view shows the length of OP in 
measurable form and also that OP is perpendicular to MN. 

General perpendicular relationships as shown by a drawing. Figure 21c represents an 
oblique line MN bisected at 0 by a perpendicular AB. 

1. It is especially to be noted that so long as the fundamental view ma makes 90° with 
the view ab on the same auxiliary plane, and the top and front views of AB are derived from this 
auxiliary view ab, AB and MN are mutually perpendicular. 

2. AB, in other words, will be perpendicular to MN in any of the innumerable positions 
of the diameter of a circle made by rotating AB about line MN in a perpendicular plane of rotation. 

3. When AB is parallel to V (otbt) the front view of AB is a fundamental view and the 
perpendicular relationship shows in this front view in its true shape and size. 

4. It also is to be noted that, when AB is parallel to H (oibt), the top view is a fundamen- 
tal view of AB and the top view of the right angle shows as 90°. 
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33. EP3. To locate and measure the shortest distance from a point to a line. 

Obviously such a distance must be the perpendicular distance from the point to the line. 
The principle might also be stated : to locate and measure a perpendicular from a point to a line. The 
basic perpendicular relationships between lines are explained and described in Article 32, Fig. 21, to 
which reference should be made. 


To locate and measure the shortest distance from a given point O to a given line AB. In 
Fig. 22 the given line AB is oblique to H and F, and is shown in relation to given point O by a plan 
and elevation view. 

1. Ixjcate an auxiliary plane RLv parallel to the line AB, and find the fundamental view 
of AB on this plane. Also locate the projection of given point 0 in this auxiliary view. 

2. Erect a perpendicular from this auxiliary view of O to the fundamental view of AB, 
Locate P, the foot of the perpendicular, on line AB. 

3. Since P is on line AB, the top and front views of P will lie on the corresponding views 
of AB. Therefore, locate the top and front views of P by projection and draw’ the top and front views 
of perpendicular OP. 

4. To find the true length of OP, locate a second auxiliary plane RLt parallel to OP in its 
first auxiliary position. The view of OP on plane RLt will be a fundamental view and may be meas- 
ured to find the true length of OP. 

Note also that plane RL-t is perpendicular to line AB in its first auxiliary position and that, 
therefore, the view of AB on plane RLt is a point (ahp), and that the perpendicular relationship 
between OP and AB is proved. 


Double auxiliary views. The use of a second auxiliary plane of reference is not uncommon 
and gives rise to the term “double auxiliary projection.” The principle of auxiliary views is based 
on the theory that an object, or a space relationship, may be viewed from any chosen position. The 
direction of viewing is always perpendicular to the edge view of the auxiliary plane, and this edge 
view is shown by a reference line (RL). The position and direction of this auxiliary plane of refer- 
ence are chosen by the draftsman to give a fundamental view of the relationship being studied, and 
such reference planes are always perpendicular to a rejerence plane already established. RLt, for 
example, is perpendicular to RLv, and its position and direction are chosen to describe a fundamental 
view of OP, derived from the view of OP on RLv. 

This relationship may be comprehended easily if all the parts of Fig. 22 are masked out 
except the views on RLv and RLt. If RLt were now made a horizontal line, these two views could 
be considered a plan and elevation view of the problem. 




TO MEASURE THE SHORTEST DISTANCE FROM A POINT TO A LINE 

Fioinui 22 

EBsential Pnnciple 3. 
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34. The Representation of Planes. Planes usually appear in drawing-board work as bounded by out- 
lines. Therefore, when two or more views of these outlines, or edges, are drawn, the position and 
location of the plane are described. Planes are also fixed as to position and location (1) by two 
lines which intersect; (2) by two parallel lines; (3) by three points. To establish the position and 
location of a plane, then, requires the boundaries of the plane, two intersecting or two parallel lines 
of the plane, or three points of the plane to be located with respect to the principal planes and two 
or more views of these elements shown. 

In Figs. 23, an object is represented which has one plane face in all the possible positions a 
plane may assume. This plane face is bounded by a circle, it has a square opening in it, and two in- 
tersecting center lines. Thus all the conditions fixing the location and description of a plane are 
illustrated graphically. 

Top Row. Figure 23a. The circular plane face is parallel to the front plane. The front 
view, therefore, is a fundamental view and shows the true shape and size of this face. The top and 
right end views of this plane -ppear as edge views. In the right-hand drawing where only the plane 
is represented, the projection relations and the distances the plane is from the planes of reference can 
be observed. 

Middle Row. Figure 23a. Since the plane of the circular face is parallel to the top plane, 
the top view therefore is a fundamental view showing its true shape and size. Since the plane of the 
circular face is parallel to the top plane of projection, this circular face will be perpendicular to both 
the front and end planes. Its views therefore on these planes will be edge views showing the face as 
a line equal in length to the diameter of the circular face. 

Bottom Row. Figure 23a. The position of the object has been changed so that the cir- 
cular face is now parallel to the right end, or profile plane. The end view now shows the true shape 
and size of the circular face since this is a fundamental view. The geometrical relation between the 
three principal planes makes it obvious that, since the circular face is parallel to the end plane, it 
will necessarily be perpendicular to the top and front planes. The top and front views of the cir- 
cular face will, therefore, be edge views, and in these two views the circular face will be described by 
a line equal in length to the diameter of the circle. The projectional relations and distances from 
the reference planes may be observed in the right-hand drawing where the circular face alone is 
represented. 

In studying the representation of planes and their relations to the planes of projection, as 
well as other principles set forth in this book, it is important to read the text matter and graphic 
presentation simultaneously. By such methods of study, and by referring back and forth from writ- 
ten text to the drawn description, an understanding will be gained of how views of an object describe 
the shape of the object, and how by means of such orthographic views complete information may be 
obtained when it is not available elsewhere. 

Furthermore, the drawings are drawn to scale and are orthographic projections. The 
graphic statements, therefore, may be checked by use of dividers and by applying the triangles to 
the drawing. By such checking an understanding of the derivation of views by projection principles 
will be facilitated. 





Figure 23a 

V Three possible positions of a plane. 

The circular plane face may vary in distances from the principal planes, but the views 
will nevertheless have the same relations to the reference lines for each of the described 

nMitionii. 




48 


DRAWING-BOARD GEOMETRY 


34. The Representation of Planes (cant.). In Fig, 236, the object has been turned so that the circular 
face is not parallel to any of the principal planes. This face is now placed so that it is perpendicular 
to each of the principal planes in turn, and at the same time oblique to the other two principal 
planes. It will be observed from the drawing, therefore, that none of the views in this entire series is 
a fundamental view because the circular plane face is parallel to none of the principal planes. 


Top Row. Figure 23b. The object has been located so that the circular face is perpen- 
dicular to the front plane. The front view, therefore, is an edge view and is represented by a line 
equal in length to the diameter of the circular face. Note that this edge view shows the angle of 
inclination of the circular plane face both to H, the top plane, and to P, the end plane. Note also 
that since the circular plane face is not parallel to H, or to P, these two views must be derived by 
projection as shown. Since both these views are ellipses, the axes of these may be derived by projec- 
tion and the ellipse constructed by the trammel method. 


Middle Row. Figure 23b. The circular plane face in this figure has been placed perpen- 
dicular to H, or the top plane. The plan, or top, view therefore is an edge view and shows the angle 
at which the plane of the circular face inclines to V and to P. Owing to this inclination, both the 
front view ajid the right end view will be “foreshortened” and by projection will be found to be 
ellipses. The axes of these ellipses may be found and the view drawn by geometrical principles of 
ellipse construction. 


Bottom Row. Figure 23b. The circular plane face in this illustration is perpendicular to 
the right end, or profile, plane, and shows, therefore, as an edge view whose inclination to the refer- 
ence lines is the measure of the inclination of the plane face to H and V. Since the plane of the cir- 
cular face inclines to H and V, its views on these planes will not be fundamental views but will be 
foreshortened according to the angle of inclination. Since this angle is 45° in this case both views 
will be alike in shape and size and must be located and drawn by projection. 


Draftsmen must be alert to note and quick to take advantage of situations on the drawing 
board which enable them to arrive at a solution with a minimum of construction work. The projec- 
tion of the top and front views in this last problem is a case in ]X)int. To construct these two ellipses 
from the readily drawn end view of the circular face would be a laborious process if projected point 
by point in the two views. By constructing these two ellipses by trammels, or by any adequate geo- 
metric method, from the easily derived axes involves much less construction and is likely to give a 
more accurate curve. 




Figure 236 

Three possible positions of a plane. 


The circular plane face may var>'^ in distances from, and in degree of inclination to, the 
principal planes, but the views shown are typical for the positions described. 
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34. The Representation of Planes (cont.). In Fig. 23c, top drawing, the circular face of the object has 
been placed so that it is neither parallel nor perpendicular to any principal plane; therefore this face 
is oblique to all principal planes and appears on none of them as a fundamental view. In order to 
locate and draw a plane of this sort, either the location of the center lines, or of the lines of the square 
opening, or any three points of the plane must be given. Having such data, either in graphic form 
or by written description, a draftsman is able to locate by projection the three principal views as 
shown at the right. If, for example, one diameter is parallel to //, three views of this line may at 
once be located; since the top view of this diameter is a fundamental view, a top view of the diam- 
eter perpendicular to the first may be located and the front and end view of this line derived by pro- 
jection provided that its slope to ff is given. From these two perpendicular diameters as a base, the 
three views of the circular face may now be derived. Since it is known in advance that these three 
views are to be ellipses, by locating a fundamental view of one diameter in each view the axes of 
these ellipses may be found and the curves constructed by geometric methods. 


The possible oblique positions of planes. The four figures in the lower drawing of Fig. 23c 
show all possible positions (except as to degree of slope) in which a plane may be when not parallel 
to one of the principal planes of projection. 

Three of these positions show the circular plane as an edge view; and, therefore, the plane 
of the circular face will be perpendicular to the principal plane on which this edge view is drawn. In 
these three illustrations, it is to be noted that no view of the circular face is a fundamental view, but 
by locating a second reference plane parallel to the circular face a fundamental view may be derived. 
The RL for such a plane would be placed parallel to the edge view. 

In the fourth drawing of this series, the circular plane face is oblique to all principal 
planes. To find the true shape and size of the circular face from a graphic description of this kind, 
it would first become necessary to find an edge view of the plane of the circular face and second from 
this edge view to derive a fundamental view. 

The method of finding two such views is known as “double auxiliary projection” (see 
Article 33, Fig. 22) and is an important principle used in engineering drawing for the design and 
drawing of faces of an object when these are not shown in true shape and size. > 

The first and most important step in this method is to discover in which direction to view 
a plane face in order to project it on an auxiliary plane as an edge. This direction of viewing is indi- 
cated by the reference line (RL) of the auxiliary plane. In order to fix this direction so as to secure 
an edge view a principle called the “direction line method” is used. This principle and the method 
of applying it is explained in Article 36, Fig. 25. 
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Ji'iouRB 23c 

The oblique position of a plane. 


The distances from, and the degree of inclination to, the principal planes, may vary. 
This will affect the position, the shape, and the size of the views. 
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35. The Fundamental View of a Plane. In the upper drawing of Fig. 24, a cylinder, with a square hole 
through it, having a slanting face is shown by a top, a front, and a left end view. The slanting plane 
face of the cylinder appears in the top view as an ellipse, only partially visible, and in the front view 
as an edge. To show the true shape and size of this slanting face will require an auxiliary view. 

To draw such a fundamental view, locate RLr parallel to the edge view. This position of 
RLt means that the auxiliary reference plane is parallel to the plane of the slanting face and also 
perpendicular to the reference plane on which this slanting face is drawn, and that the slanting face 
is to be viewed through this reference plane by an observer looking in a direction perpendicular to 
the auxiliary reference plane. 

1. Locate on the auxiliary plane by projection from the front view and by measurement 
from the top view enough points to draw the auxiliary view of the cylinder including its slanting 
face. This view of the slanting face is a fundamental view and shows its true shape and size. 

Note that, in drawing the ellipse in the auxiliary view, its axes were found by projection as 
indicated and the curve was constructed by the trammel method of drawing an ellipse. 


In the lower drawing. Fig. 24, a rectangular truncated prism with a circular hole through it 
is described by a top, a front, and a right end view. The truncated face of the prism appears in the 
top view as an edge. 

To draw a fundamental view of this slanting face, locate RLh parallel to the edge view. In 
this case the auxiliary plane represented by its edge view RLh is perpendicular to H, the top plane. 
The fundamental view showing the true shape and size of this slanting face will be seen by looking 
in a direction perpendicular to the auxiliary plane RLh, and the fundamental view will be represented 
as a projection on this auxiliary plane. In the drawing, of course, the auxiliary plane has been ro- 
tated about RLh, its edge, into coincidence with H so that the projection may be seen. The distances 
the several points of this rotated view are from RLh are shown by the dimension h and distances 
parallel to h. 


Partial Auxiliary Views. The auxiliary view in the lower drawing of Fig. 24 is known as 
a “partial auxiliary.” Such a view is commonly used in engineering drawing in preference to a com- 
plete auxiliary as shown in the top drawing of Fig. 24. The purpose of auxiliary views in general 
is to add descriptive information to a drawing, and since only the fundamental portion of the auxil- 
iary view in this drawing does that, the remainder of the auxiliary view is outlined in part only. The 
break line —the freehand irregular line— terminating this view is the conventional symbol which 
indicates a partial view. 
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FUNDAMENTAL VEW OF A PLANE 


Fiotno! 24 

The derivation of a fundamental view of a plaue. 
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36. The Fundamental View of Oblique Planes. Reference was made in Article 33 to the fact that to 
secure a fundamental view of an oblique plane an edge view of the plane must be available. When, 
as in Fig. 25, the plane is oblique it becomes necessary therefore to find an edge view. This is ac- 
complished by the means of a direction line. 

Direction line method. A direction line is any line contained in a plane which is parallel 
to one of the principal planes. One of its views, therefore, is a fundamental view, and an auxiliary 
plane may be located which will be perpendicular to the direction line by locating the edge view 
(RL) of the auxiliary plane at right angles to the fundamental view of the direction line. Since 
the auxiliary plane is perpendicular to the direction line, it will also be perpendicular to that plane 
in which the direction line was drawn. Therefore, the view of this plane of the direction line on 
the auxiliary plane perpendicular to it will be a line, or an edge view, of the plane. 

This important principle is the means by which many jjerpendicular relationships are 
established as well as the device for solving problems involving oblique planes. A study of the 
drawings in Fig. 25 will assist in comprehending the method. 


Top Drawing. Figure 25. An hexagon, with its circumscribing circle, is shown by a plan 
and elevation view. The problem is to draw the true shape and size of this figure. Since the plane 
of this figure is oblique to H, V, and P: 

1. Locate in the plane of the hexagon a direction line AB. Sii\ce AB is drawn parallel to 
V, the front view therefore is a fundamental view and auxiliary plane RLv may be located perpen- 
dicular to line AB by making its edge view RLv perpendicular to the fundamental front view ab. 
The view of AB on this auxiliary plane will be a point (ab) because AB is perpendicular to tlie 
auxiliary plane and the view of the hexagon will be an edge view (a line) because the plane of the 
hexagon is also perpendicular to plane RLv. 

2. On plane RLv locate the edge view of the hexagon and circle. 

3. Locate RL parallel to this edge view and on this plane RL locate the fundamental view 
of the hexagon and circle. 

Bottom Drawing. Figure 25. The top, front, and left end view of an oblique trianjgle are 
given. The problem is to find its true shape and size. 

1. Locate a direction line A1 in the triangle parallel to H. (Such a line could be parallel 
to V or to P as well.) Perpendicular to this direction line locate auxiliary plane RLn. Find the edge 
view of the triangle on plane RLh. Parallel to this edge view now locate plane RL, and upon this 
second auxiliary plane derive the fundamental view of the triangle showing its true shape and size. 

Note that a direction line may be placed parallel to //. or to V. or to P. The position of 
the auxiliary plane will, of course, be dependent upon this location, but the principle of finding the 
edge view is the same. 


A horizontal direction line in the plane of an ore body is called the strike; the mAiina^tinn of 
such a plane to the horizontal is called the dip. When tite strike is stated as a bearing the dip aa 
an angle the position of such a plane nuty be located. 
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37. EP4. To measure the angle between two lines. An angle lies in a plane. The plane of the angle 
is fixed as to location by the two intersecting lines which form the angle. Therefore, the problem 
resolves itself into finding a fundamental view of the plane of these two intersecting lines, thus 
showing the true shape and size of the angle. 

Top Drawing. Figure 26. An angle ABC is described by three views. The problem is to 
measure the size of this angle. 

1. Draw a horizontal direction line AY in the plane of the angle. This is done by connect- 
ing A, one point in the plane of the angle, with X, any poijit on line BC of the angle, by a line which 
is parallel to H. 

2. Ixxjate auxiliary plane RLu perpendicular to this direction line, and locate the edge view 
of angle ABC on this auxiliary reference plane. Note that RLh is perpendicular to the fundamental 
view of the direction line. 

3. Locate RL, a second auxiliary plane, parallel to the angle as shown by its edge view. 
Auxiliary plane RL must also be perpendicular to auxiliary plane RLi,. By projection and measure- 
ment, locate the view of angle ABC on plane RL, and measure the fundamental view of the angle 
as shown here in its true shape and size. 

Bottom Drawing. Figure 26. The oblique line MN and a point A are given and shown 
by a top, front, and left end view. The problem is to construct these three principal views of an 
angle of given size from A to MN. 

1. Find the edge view of the plane determined by line MN and point A. In this case the 
direction line AX was made parallel to V and, therefore, RL^ is perpendicular to the front view ax 
which is the fundamental view. 

2. Locate RL parallel to the edge view of the plane of MN and A, and upon the plane RL 
project MN, which will be a fundamental view of MN, and point A. Draw ao in this fundamental 
view of plane MN and A, so that aon is equal in size to the given angle, and thus locate its vertex 0. 

3. By projection obtain the three required views of this vertex O and complete the three 
required views of angle AON. 

It is to be noted that two solutions of this problem are possible since AO may slope in two 
directions when making the given angle with line MN. 

It is also to be noted that if the given angle were 90° only one solution would be possible, 
and the method can be applied to erect a perpendicular from a given point to a given line. 

By this same method, a line of stated length may be drawn from a given point to a given 
line, and in such a problem two solutions would be possible. 

In studying the angular relations of lines it should be thoroughly understood that the true 
shape and size of the angle between two lines will be shown only on that plane of projection which 
is parallel to the two intersecting lines, or the three points, or the line and the point which deter- 
mine the angle. Also that such a fundamental view may be obtained only when some one view, 
either a principal view or an auxiliary view, of the plane of the angle is shown as an edge view. 
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Figure 26 

Essential Principle 4. 
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38. To locate a line in a specified position. In drawing-board work it frequently becomes necessary to 
locate a line in a specified position with respect to the principal planes, and with respect to other 
points or lines or planes of the problem. 

If the specified position requires the line to be parallel or perpendicular to the principal 
planes and a stated distance from them, the relation of the three views of the line to the principal 
planes may be discovered by referring to Article 24, Figs. 16a and 166. 

If the line is to be located at a given slope, in a given direction, and to be of given (or 
indefinite) length, the method of locating such a line is explained in EP2, Article 31, Fig. 20. 

If the line is to have specified angular relations to a second line, such a location may be 
obtained by the application of EP4, Article 37, Fig. 26, and Article 32, Fig. 21. 

If, however, the line is to be located in a given oblique plane and is also to meet specified 
conditions with respect to its slope, or its direction, or its length, or combination of these, reference 
to Fig. 27 will be helpful in understanding the principles involved in locating the views of such a line. 

In Fig. 27, three principal views of line OP are given. The problem is to locate lines which 
are perpendicular to OP and at the same time parallel to one of the principal planes. The lines are 
also to be of stated length (refer to Article 32) through point 0. 


To locate a line of given length perpendicular to OP and parallel to H. 

1. Draw line 34 parallel to H by making the front view parallel to the reference line be- 
tween H and V. 

2. Draw the top view of 34 perpendicular to the top view of OP. Since this is a funda- 
mental view it will make 90° with the top view of OP and will be the given length. By projection, 
from the top view of 3 and 4 locate the front view of 3 and 4. 


To locate a line of given length perpendicular to OP and parallel to V. 

3. Draw line 12 parallel to V ; make its top view parallel to the reference line between H 
and V, and its front (fundamental) view peipendicular to the front view of OP and of the given 
length. 


To locate a line of given length perpendicular to OP and parallel to P. 

4. Draw the fundamental end view of 56 perpendicular to the end view of OP and of the 
given length, and locate the front and top views by projection. The front view is parallel to the 
reference line between V and P, and the top view is located directly above it by measurement and 
projection. 

Since these lines are all perpendicular to OP, they all lie in a plane perpendicular to OP. 
Since they are all of equal lengtii, points 1-2-3-4-5-6 lie on the circumference of a circle whose several 
views are shown in dashed lines, and whose plane is perpendicular to line OP. 
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LOCATION OF LINES IN SPECIFED POSITIONS 


Fiqobk 27 

The location of lima in apecified poeitioiia. 
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30. EPS. To construct a plane figure of given shape, size, and location. 


Top Drawing. Figure 28. Two lines. MN and AR. are given by their top and front views. 
Those lines intersect at 0 and locate the plane of a regular hexagon which is 2 inches across the cor- 
ners. The problem is to locate the top and front views of such a hexagon. 

1. Locale the edge view of the plane of MN and AR by connecting any two points of these 
lines (as A and X) with a direction line AX parallel to V. This edge view appears on plane RL,-, 
which plane is perpendicular to direction line AX. 

2. Find the fundamental views of lines MN and AX on auxiliary plane RL which is paral- 
lel to the edge view. About the fundamental view of O. which is the center of the hexagon, construct 
the fundamental view of a regular hexagon inscribed in a 2-inch circle using 2 inches of MN as one 
diameter. 

By projection and measurement, the corners of the hexagon may be located by front and 
top views; when these corners are joined in the correct order, the top and front views of the required 
hexagon will be found. 

Since no specified position for a long diameter of the hexagon was given, an indefinite num- 
ber of solutions is possible. The solution chosen assumed such a diameter to coincide with line MN. 
If. however, a specified position of a long diameter were given, as for example parallel to F, or to 
H. etc., the position of such a diameter would have to be located as described in Article 38, Fig. 27. 


Bottom Drawing. Figure 28. The base line AR and the center line MN of a lug are shown 
in plan and elevation. The problem is to construct the top and front views of the lug which is 
described as to shape and size in the small accompanying drawing. 

1. Locate the fundamental views of the base AR and the center line MN, on auxiliary plane 
RL. In this fundamental view draw the true shape and size of the lug, using these lines as base and 
center lines. 

2. In locating the top and front views by projection and measurement, observe that a series 
of horizontal lines parallel to AR may be used conveniently. The line 12 is drawn first, for 
example, in the fundaniental view, and by projection and measurement points 1 and 2 are trans- 
ferred to the top and front views. By drawing a number of such lines enough points may be located 
to define completely the top and front views of the lug. Note that horizontal lines as shown in the 
fundamental view are perpendicular to RL. 

This problem occurs not infrequently in drawing-board work when lugs or “ears” are to be 
located in positions oblique to the principal planes, or when structural plates connecting an inclined 
member are to be designed. 
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TO CONSTRUCT A PLANE FIGURE IN A GIVEN PLANE 

FrovRE 28 

Enential Principle 5. 
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40. EP6. To find where a line pierces a plane. The given plane, it is to be observed, may be located by 
three points, a line and a point, two parallel lines, two intersecting lines, or by its boundaries, either 
straight or curved lines. In any and all such cases the piercing point may be located; and if it 
becomes desirable to define a plane given by intersecting lines, or parallel lines, or by three points, 
or by a line and a point, by boundary lines this may be done by arbitrarily assuming boundaries by 
connecting two intersecting lines by a third, or by connecting two parallel lines by two other parallel 
lines, or by joining three points or by joining two points of the line with the given point. 

Top Drawing. Figure 29. The plane is given as a triangle 123 (three given points) and is 
shown by the top and front views of the triangle. The given line is AB. The problem is to find 
where (if, indeed, at any point) the line AB pierces the plane 123. 

1. Locate the edge view of triangle 123 on auxiliary plane RLk, and on this same plane locate 
the auxiliary view of AB. Note that a horizontal direction line 2X in the plane of the triangle fixes 
the direction of RLh. 

2. The point where AB enters the plane of 123 is located where the auxiliary view of AB on 
plane RLh intersects the edge view of the triangle. This point 0 may now be located on AB in the 
top and front views by projection. 

It is to be observed that, if the auxiliary view ah does not intersect the edge view 123, then 
AB does not pierce 123; it is also to be observed that, if the auxiliary view ah does not intersect the 
edge view between points 1 and 3, then AB does not intersect the plane of the triangle 123 within the 
given area. ' 


Bottom Drawing. Figure 29. A second method of locating the piercing point is by means 
of an auxiliary plane RLh perpendicular to H and containing the given line. The plane is located by 
the top and front views of the boundaries ABCD. The given line is MN. To find where MN 
pierces the plane ABCD: 

1. Locate RLh, the auxiliary plane perpendicular to H, which also contains line MN. Lo- 
cate the line XY (by top and front views) which is common to plane RLh and plane ABCD. This 
line XY intersects the given line MN at O. The point O, therefore, is the piercing point since O is on 
line MN and also on line XY which is in plane ABCD. 

2. The piercing point is also found on plane RLv as in the top drawing, both as a check on 
this second method, and also to illustrate that the edge-view method makes visibility more easily 
determined. An examination of the problem shows how portions of the line are hidden by the plane, 
and how this is made clear in the edge view. 

It is to be noted that, so long as the auxiliary view of MN intereects the edge view of the 
plane ABCD, the line MN will pierce this plane but not necessarily within the limits set by the boun- 
dary lines. Since the piercing point is on line MN its projections may readily be found and iden- 
tified. If these projections fall outside the given views of the plane, such a situation simply means 
that, while the line pierces the plane, the piercing point is beyond the given boundaries of the plane. 




P/nrcf/on /ine 
cxM/Z/ory p/o/7tf /?Z^ 




-Q) Ea^ of fr/ony/e 
Ies o/Tcf ouA/f/ory K/m" of 
//r7i? AB. 




{2'^ The po/nf 0 where AB p/erces 
the p/one /23 appears /n true re- 
tohor?sh/p /n this le/ew or? auo(tt/ary 
ptone BE . By project/or? bock to 
the top or?cf front v/ew of AB, the 
corresponct/ng v/ews of O may 
be tocatect. Th/s methact of us/ng 
the ectge v/ew of the g/]ren ptane 
/s hetpfut /r? cteterm/n/ng \r/s/b/t/ty. 


( 7 ) AuA/ttary ptone RE 
perpenat/cutor to H. Tt^re- 
tbre X onct V which ore 
common to RE 
ABCP mc^ react/ ty be 
tocatect. Where AY cuts — 
Mtt is ttkr point O where 
MN pierces ptone ABCP. 



-4-+V 1 — f- 



Po/nt O in this 
c/ew /s tocatect by 
the method stx>wn 
oboce os a check 
or? the second 
method. 


POINT WHERE A LINE PIERCES A PLANE 


Froum 29 

EBwn ti» l Prindple 6. 
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41. EP7. The Principle of Revolving. Iii the study and solution of problems by graphic methods, the 
method of changing the position of the given data into a fundamental relation to the principal 
planes of projection is a convenient and useful graphic manipulation. This is known as the princi- 
ciple of revolving. 


Top Drawing. Figure 30. A line may be revolved about any of its points into a new posi- 
tion parallel to a projection plane. In (his new position, the line will appear as a fundamental view. 
In this drawing AB. is an oblique line shown by (hree views. It is to be revolved about A into a new 
position parallel to V, the front plane. It is important to note that during this movement the point 
B describes a circle whose plane is parallel to H. In other words, A R is so revolved about A that the 
original relation of AB to the top plane is not changed and only its relation to V is altered. When 
AB, therefore, becomes parallel to T its plan view is easily found and from this view the new front 
(fundamental) view and the new end view can be derived by projection. 


Middle Drawing. Figure 30. A plane may be revolved about an appropriate direction line 
into a new position parallel to a projection plane. The direction line must itself be parallel to the 
projection plane parallel to which the given plane is to be moved. In the triangle 123, the side 12 
is already parallel to V'’ and, therefore, may be used as an axial line of rotation. (If such were not 
the case, a direction line in plane 123 would have to l)e drawn parallel to the plane to which the 
triangle is to be made parallel.) About this line 12 as an axial line, triangle 123 may be revolved 
parallel to V. (The triangle could not be revolved parallel to any other plane about this line.) The 
line 12 simply rotates on its own axis, and the new location of point 3 must be found. The method 
of doing this is by use of an auxiliary plane RL,- perpendicular to axial line 12, on which the path of 
rotation for point 3 will appear as a circle. When point 3 in this view arrives at a point where the 
drawing shows it to be the same distance from RLr as are iwints 1 and 2, then the triangle is paral- 
lel to V. The front view of this path of rotation is an edge view of the circle; therefore the front 
view of 3 may be located by projection from the auxiliary view 3, and the top view of 3 may be 
found by projection from the front view and measurement from the auxiliary view. The two views 
123 show the triangle in its new position parallel to V. 


Bottom Drawing. Figure 30. An object may be revolved about an axis into a fundamen- 
tal position parallel to some one plane of projection. An oblique cylinder is shown by partial top 
and front views in solid lines in its original position. To revolve this cylinder parallel to H, an axis 
OP perpendicular to V and parallel to H is used. The dashed lines show the cylinder in its new posi- 
tion parallel to H. See also Fig. 96. 


The basic principle to be observed in revolving is to choose an axis and control the path of 
rotation so that one view of the object in its new position can readily be drawn. From this one view 
the other views may be derived by projection when the character of the motion from the first posi- 
tion of the object to its second position is controlled and understood. 
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PRINCIPLE OF REVOLVING 


Fiovse 30 

Essential Principle 7. 





66 


DRAWING-BOARD GEOMETRY 


42. Perpendicular Relationships of Lines to Planes. In Article 32, Fig. 21, the perpendicular relation- 
ships between mutually perpendicular lines were explained and the method of securing the necessary 
views to describe them was illustrated. This same principle is used in establishing the relationship 
of lines perpendicular to planes. 

A line is perpendicular to a plane when the plane contains lines whose fundamental views 
are perpendicular to corresponding projections of the given line. 

To locate a plane perpendicular to a given line. Top Drawing, Fig. 31. An oblique 
line OP is located by its plan and elevation. To locate the position of a plane through point O per- 
pendicular to 0P\ 

1. Draw the top (fundamental) view of a line 12 perpendicular to the plan view OP. The 
front view of 12 must be horizontal. 

2. In similar fashion locate line 34 parallel to F so that its front (fundamental) view will 
be perpendicular to the front view of line OP. 

Any plane containing 12 and 34 will be perpendicular to line OP and, since 12 and 34 inter- 
sect a plane, is located by them. 

To locate a line perpendicular to a given plane. Middle Drawing, Fig. 31. An oblique 
plane 1234 is located by its boundary lines 1234. To locate the position of a line perpendicular to 
this plane at any point O : 

1. Draw the front and the top (fundamental) view of a horizontal line AX through point 

O. This line AX must lie in plane 1234. The top view of the required line OP may now be drawn 
perpendicular to the top (fundamental) view of AX. OP may be of any assumed length. 

2. In similar fashion, a direction line BY may be drawn through point O parallel to the 
vertical plane. Since the front view of BY is a fundamental view, the front view of the required 
line may be drawn perpendicular to RF at O. 

To locate a plane figure of stated shape and size perpendicular to a given line and and in 
a stated position. Bottom Drawing, Fig. 31. An oblique line OP is located by its top and front 
views. It is required to draw a 3-inch square perpendicular to OP at O so that two edges of the 
square will be horizontal lines. 

1. Draw a horizontal direction line AX through O by making the top view of AX perpen- 
dicular to the top view of OP. Make AX 3 inches long. 

2. Draw a fundamental view of OP on plane RLh and locate the edge view of a 3-inch square 
perpendicular to OP. The specified horizontal position and length of two edges may be shown on 
RL as a fundamental view, although this fundamental view is not needed for the location. 

3. The top view of the 3-inch square may be drawn by projection from the edge view. 
Since 12 and 34 are to be horizontal lines their top views will be 3 inches long and parallel to AX 
since these views are fundamental views. 

4. The front view of the square may be obtained by projection from the top view sinoe 
the length and position of lines 12 and 34 are known. 




Froinai SI 

F»rpmdicular relatianahips between planes and lines. 
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43. EPS. To locate and measure a perpendicular from a point to a plane. 

In addition to measuring the shortest distance, the problem requires this perpendicular to 
be located in the top and front views. 


Top Drawing. Figure 32. A plane 12.34 in the form of a quadrilateral is shown by its 
top and front views. The problem is to locate and measure the shortest line — a perpendicular — 
from P to plane 1234. To find and measure the shortest distance: 

1. Locate an edge view of 1234 and an auxiliary view of P on plane RL, which is perpen- 
dicular to direction line 2X. From this view of P. the auxiliary view of PO is now drawn perpendic- 
ular to the edge view of the plane. This auxiliary view of PO may be measured for length, since it 
is a fundamental view. 

2. To locate the front and top views of PO, draw the front view po perpendicular to the 
front view of direction line 2X. Point O may now be located on the front view by projection and 
on the top view by projection from the front and measurement from the view on RLv. 


Bottom Drawing. Figure 32. In this figure three views of a hexagon are given. The prob- 
lem is to locate P — the apex of a right pyramid of which this hexagon is the base — a given distance 
from 0. 

1. Draw top and front views of OZ perpendicular to the plane of the hexagon by making 
these views perpendicular to the appropriate direction lines of the hexagon, as 63 and xy. 

2. Find the true length of OZ by revolving OZ parallel to V. (See Article 41, Fig. 30.) On 
ozi, this true length, lay off op\, the given length of the altitude of the right pyramid. Revolve ozi 
back to its original position, and find the front and top views of P. 

These views of P are the location of the apex of the pyramid the given distance from 0. 

The top, front, and end views of the pyramid may be drawn by joining apex P with each of 
the six corners of the hexagonal base. To avoid a confusionof lines in this drawing only the end view 
is so shown. This view assumes the pyramid to be a solid. If such were not the case, edges 3P, 4P, 
and 5P would be visible up to the point where they disappear behind the edge 16 of the base. 


In the study of text drawings where planes are defined by outlines, students will find it 
helpful to shade the surface which is visible. A convenient way of doing this is to use the flattened 
face of a colored pencil and lightly shade the area. Select blue, for example, as the color for the face 
visible when viewed through the top plane and shade in blue every view of this face where visible. 
In like fashion red may be chosen to identify plane areas visible through the front plane, and edl 
views of such a face then should be shaded red if this face is visible in the view so shaded. 

Such shading tends to assist materially in the visualization of the relationship since the vis- 
ibility of the two faces of a plane area is differentiated. 
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MEASURING A PERPENDICULAR FROM A POINT TO A PLANE 


Figure 32 

Essential Principle 8. 
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44. EP9. To locate and measure the shortest line connecting two lines which are neither parallel nor 
intersecting. 


Top Drawing. Figure 33. The top and front views of A R and ilfW are given. The prob- 
lem is to locate and measure XY, the shortest connecting line. 

1. Locate a fundamental view of MN on RLh and, on this same plane, an auxiliary view 

of AB. 

2. Locate a point view of MN on auxiliary plane RL and on this same plane RL an auxil- 
iary view of AB. Since MN appears as a point on plane RL, xy may be drawn perpendicular from 
mn to ab in this view and xy will be a fundamental view of the shortest connecting (perpendicular) 
line showing its true length. 

3. The front and top view of YF may be obtained by projection from the auxiliary views. 


Bottom Drawing. Figure 33. The above problem is solved by a second method in this 

drawing. 

1. Line AB is placed in a plane parallel to MN. This plane is located by drawing, through 
any point O on line AB, a secondary line MiNi parallel to the given line MN. 

2. Draw the direction line AZ \n this secondary plane and locate RLv perpendicular to this 
plane containing AB and M^Ni, the parallel to MN. Find the auxiliary views of both given lines 
AB and MN, and note that they are parallel in this view. 

3. Any perpendicular between these two auxiliary views will be a measure of the shortest 
distance, but, to fix the actual position of the shortest perpendicular line, the fundamental views of 
AB and MN on plane RL, which is parallel to AB and MN, must be located. 

4. Their apparent intersection in this view determines the position of Y}''. which now may 
be transferred to plane RLv and thence to the front and top views by projection. 

The principle of the shortest connection has several applications. For example: the short- 
est horizontal, or the shortest vertical, or the shortest line of given dope may be required. 

The shortest horizontal between two lines may be located by finding their apparent inter- 
section in the front view; the shortest vertical between two lines may be located by finding their 
apparent intersection in the top view; the shortest line of given slope connecting two lines may be 
located by finding their apparent intersection on an auxiliary plane perpendicular to the line of given 
slope. 
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45. EPIO. To measure the angle a line makes with a plane. 


Top Drawing. Figure 34. The plane is given as the bottom face (1234) of a plinth. The 
line PO pierces this plane at a given point O. To find the angle PO makes with plane 1234: 

1. Find the edge view of the plane and an auxiliary view of OP on plane RLv which is per- 
pendicular to edge 14 of the plane. (This edge 14 is a direction line because it is parallel to V .) 

2. Find the true length of PO by revolving it parallel to F. (Article 41, Fig. 30.) 

3. Lay off po, in the auxiliary view, equal to this true length, and keep point P the same 
distance from plane 1234- (So long as point P remains a constant distance from plane 1234 and 
from point 0, the angular value does not change during rotation. When PO appears in its true 
length, the value of the angle appears in its true size.) 

The angle thus formed in (he auxiliary view between po and the edge view of the plane is 
the true size of the angle PO makes with plane 1234. 


Bottom Drawing. Figure 34. The same problem may be solved by a second, and indirect, 

method. 

1. Draw PX perpendicular to plane 1234 by making its front and top views perpendicular 
to corresponding direction lines. (The front view px is perpendicular to the front view of edge 14, a 
direction parallel to F; the top view px is perpendicular to any horizontal direction line of plane 
1234, such as BY.) Since PX is perpendicular to plane 1234, angle OPX will be the complement of 
the angle PO makes with this plane. 

2. Draw a horizontal direction line OX in the plane of angle OPX. Locate perpendicu- 
lar to this direction line, and find the edge view, opx, of this angle on plane RLh. Revolve the angle 
OPX about ox into a position parallel to the horizontal plane (note in the auxiliary view that this 
position is parallel to the reference line RLh which is in H), and thus locate Pi. By projection from 
the revolved view oxp\ locate the top view of this revolved position. 

3. Since this top view of the revolved position is also a fundamental view (the revolved 
position being parallel to H), the true size of the complement of the angle will be shown. Now 
by graphical subtraction from 90° the true value of the angle PO makes with plane 1234 may be found 
and its value measured by the method of natural tangents. (See Article 29, Fig. 18.) 
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Easential Principle 10. 
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46. EPll. To locate the line of intersection between two planes. 


Top Drawing. Figure 35. Two planes, a quadrilateral 1234, and a triangle ABC are 
given. The problem is to locate OP, Iheir line of intersection. To find OP: 

1. Draw direction line CX and locate RLv perpendicular to plane ABC. Find the edge 
view of plane ABC upon auxiliary plane RLv and also the auxiliary view of quadrilateral 1234. In 
this view the points where the lines of 1234 pierce the plane of ABC appear, and OP, the intersec- 
tion, may be located. 

By projection from RLv, this intersection may be transferred to front and top view. (In 
this problem, 0 and P fall inside the boundaries of ABC. These planes might be shaped, however, 
so that O, for example, would fall outside. In such a case, line AC of the triangle would pierce 
inside the area 1234.) 


Bottom Drawing. Figure 35, One plane — 1234 — is shaped as a quadrilateral; the other 
plane is located by two intersecting lines CD and AB. To find where the plane of these two lines inter- 
sects the plane 1234: 

1. Locate the edge view of quadrilateral plane 1234 on plane RLv which is perpendicular to 
direction line 3X of plane 1234; locate also the auxiliary views of AB and of CD on this plane RLv. 
Find the points P and 0 where AB and CD pierce plane 1234 as shown in the auxiliary view. See 
Article 40, Fig. 29. Transfer, by projection, to front and top views, the points P and O on lines AB 
and CD. Draw the line OP, which is the line of intersection. (There may be cases where the area 
of 1234 will have to be extended beyond given boundaries in order to find where the given lines 
pierce.) 




Fmm 35 

Essential Principle 11. 




76 


DRAWING-BOARD GEOMETRY 


47. EP12. To measure the angle between two planes. 


Top Drawing. Figure 36. A truncated pyramid, forming a hopper, is given. The problem 
is to measure the dihedral angle between planes \AB2 and 2RC3. Since the angle between two 
planes lies in a plane perpendicular to their line of intersection, this angle will be shown in its true 
shape and size in the view where the common line is projected as a point. To find the angle: 

1. Locate a fundamental view of 2B, the common line on which must lie the vertex of the 
dihedral angle, on auxiliary plane RLr. On this same auxiliary plane, locate planes lAiB2 and 2BCZ. 
(The entire pyramid is shown in the drawing.) Locate RL perpendicular to the fundamental view 
of 2B and find the view of B2 on this plane (it will appear as a point) and of 23 and of 21. Meas- 
ure the angle ZBl. which will be the true size of the dihedral angle required. 

It will be observed that the size of the angle between the planes is measured in the auxil- 
iary view by the diveregnce of lines 12 and 23. In problem work, therefore, an auxiliary view of 
the whole pyramid is not needed. 


Bottom Drawing. Figure 36. These same methods may be used to locate a plane per- 
pendicular to a given plane along a given common line of intersection. Quadrilateral 1234 is given 
and a plane is to be found which will be perpendicular to 1234 along line PO. 

1. By double auxiliary projection locate the point view op and the auxiliary view of 02. 
Since the required plane is to make 90° with 1234, draw oz on plane RL perpendicular to 02. 

2. By projection and measurement locate Z in the front and top views. To give the plane 
shape and appearance, boundary lines parallel to OP and OZ may be drawn, thus representing a 
plane perpendicular to 1234 at the line OP. 
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The design and construction of machinery require many problems to be worked out on the drawing board. In addition to 
representation in elevation and section, many shapes on this compression cylinder require auxiliary views and the intersec- 
tion of surfaces for their design. 


CHAPTER V 


SURFACES 

48. A surface is an area — either plane or curved — ^inade by a line — either straight or curved — whose suc- 
cessive positions in space are established by a knowji relationship. For example: a straight line 
may move so as constantly to remain parallel and touching a plane curve, thus generating a cylin- 
drical surface; a circle may revolve about one of its diameters, thus generatiiig a sphere; a straight 
line may move so as constantly to touch a circle arid a straight line and be parallel to a given plane, 
thus generating a warped surface. 

In drafting work a surface may appear as a solid or with the volume inside the area as a 
void (as a hollow cylinder). The problem which first concerns the draftsman is how to represent sur- 
faces on a drawing and how to identify the nature of the surface to be represented. In the pages 
which follow is given a brief discussion of the classification, the identificatiorr, and the represtmtation 
of surfaces, together with the solution of the more common and essential problems arising in draw- 
ing-board work relating to surfaces. 

49. In general, surfaces are either ruled surfaces, or double-curved surfaces. A ruled surface is one on 
which can be drawn straight lines, or elements. A double-curved surface is one which curves in two 
directions and on the surface of which.no straight lines may be drawn. 

Surfaces are, therefore, classified as ( 1 ) plane, single-curved, and warped, all of which are 
ruled surfaces; and (2) double-curved surfaces, most of which are surfaces of revolution, and none of 
which are ruled. 

50. To identify the nature of a surface the straight-edge method is convenient. If a straight edge can be 
made to coincide with a surface, it is ruled. If a straight edge cannot be made to coincide with a sur- 
face, it is double curved. 

If a surface is ruled, it will be either ( 1 ) a plane surface, in which case the straight edge 
will coincide in any direction; (2) a cylindrical surface, in which case successive positions of the 
straight edge will be parallel; (3) a conical surface, in which case successive positions of the straight 
edge will pass through one point; (4) a convolute surface, in which case successive positions of a 
straight edge will be tangent to a helix. 

If a surface is not ruled, it will be a double-curved surface. If the double-curved surface is 
a surface of revolution, it may be identified by the fact that planes perpendicular to the axis of revo- 
lution will cut circles from the surface. 


r» 
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51. Surfaces are represented on a drawing and are located as to position in space by two views (at least) 
showing a section and the limiting or contour lines of the surface as orthographically seen from the 
top, front, and end. These sections may be right (perpendicular to the center line) or oblique (at an 
angle to the center line) and identify surfaces as right or oblique surfaces. 

In the next few pages are illustrated a number of surfaces of each class, and the graphic 
method of describing these is shown on the drawings which accompany the description. 

52. Representation of Surfaces. Surfaces are represented by two or more views of some section of the 
surface and contour lines of the surface. 


A section is an area cut from a surface by any plane passing through the surface. This cut- 
ting plane may be (1) at right angles to the elements, or to the axis; or (2) oblique to these. In 
the first case the section cut by such a cutting plane is known as a right section; in the second case 
the oblique cutting plane cuts an oblique section. 


Plane Surfaces. Top Drawing. Figure 37. A plane surface is made up, in drafting work, 
usually of a combination of three or more planes. In the object shown, four planes are combined 
to form a prism. The section shown is parallel to the top plane, and the edges of the prism are 
parallel to AB. It is especially to be noted in this and all representations of surfaces, that the 
limiting, or contour, elements of the top view are not projections of the limiting, or contour, ele- 
ments of the front view. 


Single-Curved Surfaces. Middle Drawing. Figure 37. Single-curved surfaces are ruled. 
Like plane surfaces, they are represented by two or more views of some section to indicate shape and 
some line (element) to indicate direction. In the object shown, an oblique view of a circular section 
with limiting or contour lines meeting in a point represents a cone. The limiting elements which rep- 
resent the top view are not projections of the limiting elements of the front or the end view. 


Warped Surfaces. Bottom Drawing. Figure 37. If a ruled surface is neither plane, nor 
single curved, it is, therefore, warped. There are a great variety of waiped surfaces relatively few 
of which have practical applications. The one illustrated is a cylindroid and is represented by two 
circular sections connected by a series of elements which are all horizontal lines. In drafting, only 
the contour elements would be drawn. The position of these various elements suggests how a form 
could be built to form a vaulted ceiling of this shape. 
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52. Rcpresenation of Surfaces (cont.). Surfaces of double curvature are commonly also surfaces of 
revolution. They may be generated either by the revolution of a curved line about an axis, or by 
the revolution of a straight line about an axis. Both classes of such surfaces are illustrated on the 
facing page. 


Double-Curved Surfaces of Revolution. Top Drawing. Figure 38. If any plane curve 
be revolved on an axis, a surface of double curvature will be formed, and all sections of the surface 
p>erpendicular to the axis of revolution will be circles. In the figure shown, an ellipse has been ro- 
tated about its major axis, thus forming a prolate spheroid, or ellipsoid. The contour element in 
the top view is the largest circle on the surface, and the contour element in the front view is the 
largest ellipse on the surface. 


Ruled Surfaces of Revolution. Bottom Drawing. Figure 38. If any straight line be re- 
volved about an axis, there will be generated a surface of revolution. If the moving line remains 
parallel to the axis, a right cylinder will be formed; if the moving line intersects the axis, a right cone 
of two nappes will be formed; if the moving line neither remains parallel to nor intersects the axis, an 
hyperboloid will be formed. 

This is the figure illustrated ; the end view shows the characteristic contour, the front and 
top views show the successive positions of the moving line. These positions of the rulings indicate 
how teeth may be cut on such a surface to engage with teeth on a similar surface. A pair of such 
“rolling hyperboloids” make it possible to transmit motion between two shafts which are neither 
parallel nor intersecting. 
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53. EP13. To find the section cut from a surface by a plane. 


General Method for All Ruled Surfaces. If the points where the rulings — or elements — 
of the given surface pierce the given plane are located fArticle 40, Fig. 29), the shape and size of 
the required section will be shown. 

For plane surfaces only the points where the edges of the surface pierce the given plane 
need be found ; for single curved and warped surfaces a series of piercing points on elements closely 
spaced must be found in order to obtain an accurate and smooth curve of intersection. 


Figure 39. An open oblique pyramid with an hexagonal base is cut by a plane ABCD. 
The true shape and size of the section cut from the pyramid by the plane are required. To find this 
section: 

1. Locate RL, perpendicular to direction line CX in plane ABCD, and find the auxiliary 
views of ABCD (an edge view) and of the pyramid. 

2. This edge view of the plane ABCD shows where all elements of the pyramid enter the 
plane and. therefore, locates an edge view of the section. 

3. Consider this plane of the section as an auxiliary plane and locate RL. 

4. By projection and measurement from the front view of the section (the front view is 
obtained by projection from the edgewiew of the section) locate the fundamental view of the section 
on plane RL. 


Visibility, and its correct representation by full and by dashed lines on a drawing, requires 
careful consideration. In this problem the pyramid is not a solid. Visibility, with respect both to 
the cutting plane and the given surface, can be determined by reference to the auxiliary view. 

The exploration of which edges are visible, which edges are invisible, and which edges 
even though visible as elements of the object of which they are a part, are nevertheless covered and 
rendered invisible by other objects, can be accomplished by the study of one view at a time. 

By concentrating on the top view, for example, and finding which are the nearest and 
farthest points from the H plane, the visibility of edges and surfaces in the top view becomes estab- 
lished. In like fashion, a study of the front view reveals that the elements of the object nearest 
the V plane control visibility in this view. 

When the visibility of a single unit has become established, interferences with this estab- 
lished visibility by other units may then be explored. 

The establishment of visibility is not only important in the correct representation of 
objects but its study contributes substantially to the development of that essential quality of the 
engineering mind known as '‘the power to visualize.” 
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54. EP13 (cont.). To find the section cut from a surface by a plane. 


When the given surface is not ruled, the problem requires careful analysis and exceedingly 
precise drawing methods for an accurate solution. A series of auxiliary “slicing planes” should be 
chosen as to position so as to cut the simplest and easiest-to-draw lines from the curved surface. 
The method may be readily visualized by reference to the action of mechanical bread and bacon 
slicers. 


Figure 40. The semiellipsoid is cut by a quadrilateral plane ABCD. The curve of inter- 
section cut from the ellipsoid by the plane may be found by slicing the surface of revolution by a 
series of horizontal planes perpendicular to the axis. These slicing planes will cut circles from the 
ellipsoid and lines from plane ABCD. Since each circle and line are contained in a common slicing 
plane, they will intersect and locate points common to the plane ABCD and the ellipsoid. 

To find the section ; 

1. Note the horizontal plane through X and Y. This slicing plane cuts a circle from the 
ellipsoid (see top view for the size and position of this circle) and a right line XY from plane ABCD. 
The line intersects the circle at points 1 and 2, which are points on the surface common to plane 
ABCD and the ellipsoid. They are, therefore, points on the section cut from the ellipsoid by plane 
ABCD. By passing a series of such slicing planes a sufficient number of points may be found to 
plot the curve of intersection. 

To find the true shape and size of this section; 

2. An edge view of plane ABCD and the section is found on plane RL». 

3. The true shape and size is located on plane RL which is parallel to this edge view. 

The so-called slicing-plane method is useful in solving problems where lines of equal eleva- 
tion, called contours, are used to represent levels on the surface of the ground, and the area is to be 
changed by cuts or fills. 

This application may be comprehended by imagining a hill in the general shape of a cone. 
If this hiU were intersected by a series of level planes all equidistant apart vertically, the top view 
of the hill could be represented by a series of more or less concentric curves each of which would 
represent a line of known elevation on the surface and each would be an equal elevation above or 
below its adjacent neighbor. Thus in a one-view drawing — ^known as a contour map— when eleva- 
vations are gi^^en for each contour, it becomes possible to represent three dimensions. 

When such a hill is intersected by a plane, or a prism, or by any other known surface, it 
becomes possible to show on this one-view drawing the intersection, and the modifications in shape 
of the hill, by applying the method of the slicing plane as shown in Figure 40. 
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55. EP13 (cont.). To find the right section of a surface. A right section of a surface is a section in a 
plane perpendicular to the axis or the center line of the surface. 


Top Drawing. Figure 41. A prism oblique to H and V is given; to find the true shape 
and size of its right section. Since a right section will be perpendicular to the axis of the prism: 

1. Locate a fundamental view of the prism. In this view of the prism, the plane cutting a 
right section will be perpendicular to the axis and will appear as an edge view. 

2. On an auxiliary plane parallel to the edge view, derive the fundamental view of the sec- 
tion. This view will be the true shape and size of a right section. 


Bottom Drawing. Figure 41. An oblique cone is shown with a circular base in V. To 
find its right section at any chosen point : 

1. Draw the auxiliary view of the cone on a reference plane parallel to its center line. 
Since a right section at any given — or chosen — point will be perpendicular to the axis of the cone, 
bisect the angle at the apex in the auxiliary view. The right section will be perpendicular to this 
axis. This auxiliary view of the axis will coincide with an auxiliary view of the two cone elements 
which pass through the ends of one diameter of the right section. 

2. Draw the edge view of the plane of the section perpendicular to this axis at the point 
where the section is to be taken. 

3. Since one diameter of the right section will be the length of the edge view included 
between the limiting elements of the cone and the second diameter perpendicular to the first will 
appear as a point in this edge view, draw cone elements ()C and 01). The front view will .show how 
long CD — the second diameter — is. 

By revolving the section about one axis, its true shape and size may be drawn. This “re- 
volved view” is a common practice in showing, in a limited space, the true shape of sections. The 
right section of a pulley arm, or of a rib, is usually shown by this method. 
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56. EP14. To find the points where a line pierces a surface. 


Two general methods are available which will apply to any problem. Both these methods 
are illustrated on the facing page. In the first method, a “slicing” plane is located perpendicular to 
V and containing the line. The shape the slicing plane cuts from the given surface is found. Where 
the given line cuts this section of the surface arc the piercing points required. 

In the second method, an auxiliary view of the surface on a plane parallel to the line is 
located. Since this view of the line is a fundamental view, the points where the line cuts the auxil- 
iary contour outline of the surface will be the piercing points. 


Top Drawing. Figure 42. A solid pyramid is pierced by the line AfiV. To find the pierc- 
ing points: 

1. Locate auxiliary plane RLv perpendicular to V and containing line MN. The points 
1234, where the edges of the pyramid cut this plane RL,-. locate the edge view of the section cut from 
the pyramid by this plane. See Articles 40 and 53. 

2. By projection, locate the top view of this section and find points a and b in this view. 
These two points A and B, being common to the line MN and to the surface of the pyramid, show 
where MN enters and leaves the surface of the pyramid. 


Bottom Drawing. Figure 42. A solid sphere is cut by a line MN. To find where the line 
pierces* the sphere: 

Locate an auxiliary plane RLn parallel to line MN. Consider that a slicing plane contain- 
ing MN and perpendicular to H cuts the sphere. Draw, on reference plane RLh, the auxiliary view 
of MN and of the circle cut by the slicing plane from the sphere. Locate C and D — ^in the auxiliary 
view, the top view, and the front view — the points where MN cuts the sphere. 

Note that the center of the circle cut by the slicing plane is point X, and the diameter of 
the circle is that portion of line mn in the top view which lies inside the top view of the sphere. 



Fiavm 42 

EBsential Prindple 14. 



92 


DRAWING-BOARD GEOMETRY 


57. EP15. Given the size and position of a right section and the location of a center line ; to draw any 
surface. 


Figure 43. The location of OP, the center line, and the size of a right section of a timber 
are given. It is also specified that the narrow edge of this right section is to be horizontal. The 
problem requires a drawing of the timber and the shape and size of the faces of the timber in the 
top and front planes. 

To draw the timber: 

1. Locate RLv parallel to the center line and find a fundamental view of the center line. 
Locate RL perpendicular to this fundamental view of OP and find op, the view of this center line, as 
a point on RL. See Article 55. 

2. Locate a horizontal line AX of any length through any assumed point on OP. Make 
the fundamental top view of AX periiendicular to the top view of OP. AX, then, becomes a hori- 
zontal direction line in the plane of the right section. (The plane of a right section must be perpen- 
dicular to line OP.) 

3. About op. on plane RL, as a center point, and making 12 and 34, the narrow edges, paral- 
lel to the horizontal line AX, construct the true shape and size of the right section according to given 
size and shape specifications. See Articles 38 and 39. 

4. 1234. a view on plane RLv of this right section, may now be drawn, and from this view 
on plane RLv the front and top views of this section may be drawn by projection and measurement. 
Through the front and top views of 1234, the specified right section, the edges of the prism may be 
drawn parallel to the given center line OP. 

5. Where these edges enter the top and front planes may now be located and the faces of 
the prism in H and V drawn. 

Observe how visibility in the front and top views is established by reference to the view on 

RLv. 


It is to be noted that the front and top views of the right section are not required in order 
to draw the front and top views of the timber. Since points 1234, the corners of the right section, lie 
on the edges of the prism, and since the direction of these edges is parallel to the given center line, 
the base in V, as indicated by points 1234 on this base in the drawing, may be located by projection 
from RLv and by measurement from RL. Note the dimension a in the drawing, and also refer to 
Article 56. 
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58. EP15 (cont.). Given the size and position of a right section and the location of a center line; to 
draw any surface. 


When the given section is a curve, consideration must be given to methods which will make 
the construction of the curve as simple and accurate as possible. In drawing constructions in general, 
the choice of method should always be made with the element of precision as an essential factor. 


Figure 44. The axis OP of a cone is given. The right section of this cone at point P is a 
circle of given diameter. To locate and draw the top and front views of the cone: 

1. On plane RLv parallel to OP draw a fundamental view of the axis. 

2. On plane RL, perpendicular to this fundamental view of OP, draw op, the point view of 
the axis; construct on plane RL the given circular right section with center at OP. Since a right 
section is perpendicular to the axis, the view of this circular right section on plane RLv will be an 
edge view at p. The length of this edge view is equal to the diameter of the given right section. 
Since there are now two views of the right section, the third view on the front plane may be located 
by projection and measurement from these two views on RLv and RL. 

3. From the front view and the view on plane RLt, a top view may now be constructed, 
and the limiting elements of the cone drawn to complete the top and front views. 


These projection and measurement methods are laborious and not easy to make precise. A 
simpler and more direct method of finding the elliptical bases in front and top views is shown in 
the drawing. By projection methods the axes of the elliptical bases are located, and on these axes 
the curve of right section is constructed by the trammel method. 
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59. EP16. To find the intersection of two surfaces. 


The methods of solving problems in the intersection — sometimes called the interpenetration 
— of surfaces are found in these essential principles: (1) finding where lines of one surface enter the 
second surface (Article 66, Fig. 42) ; (2) finding where planes of one surface cut the second surface 
(Article 46, Fig. 35) ; (3) a combination of the first two methods. The choice of method depends 
on the nature of the surfaces and especially upon the simplicity and precision of the drafting opera- 
tions. In the problems which follow, a variety of surfaces are illustrated with intersections located 
by a number of methods. 


Two Plane Surfaces. Figure 45. An open square prism and an open hexagonal pyramid 
are shown by top and front views. To find the intersection of the two surfaces: 

1. Locate on reference plane RLv (drawn perpendicular to the front fundamental view of 
the prism) an auxiliary view of the pyramid and an “edge” view of the prism. These auxiliary views 
show where all edges of the pyramid enter the prism. The front and top views of these piercing 
points may be located in the front and top views of the surfaces by projection. When the points are 
joined in proper order the intersection is thus described. 

2. Observe that the top edge of the prism enters the horizontal hexagonal base of the pyra- 
mid. The top view shows this situation. Therefore two edges of the horizontal base enter the top 
slanting faces of the prism. The top view shows this situation as well as the front view. The loca- 
tion of the piercing points on the slanting faces may be located by means of auxiliary elements. The 
location of these elements is fixed by use of the auxiliary “edge” view of the prism. From this 
view, these elements may be projected to the front and top views and the piercing points located. 
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60. EP16 (cont.). To find the intersection of two surfaces. 


In drawings requiring many points to be located in order to secure a curve of intersection, 
systematic construction methods are essential; otherwise the many necessary construction lines will 
cause confusion and thus error. In most problems of this sort it is best to follow through each point 
at a time and to secure all its views before additional construction lines are drawn. Also it is desir- 
able to begin at one side of the object and work in one direction systematically. 

In some of the problems which follow, only enough construction is drawn to illustrate 
method and principle; complete construction would require so many lines that the figure would be- 
come unnecessarily involved. 


Single-Curved Surfaces. Figure 46. The top and front views of an open cone and a solid 
cylinder are given. To find their curve of intersection: 

1. Locate plane RLk perpendicular to the top (fundamental) view of the cylinder. On this 
reference plane locate an auxiliary view of the cone and an “edge” view of the cylinder. All points 
common to the two surfaces will appear on the “edge” view of the cylinder between the limiting ele- 
ments of (he cone in this view. This auxiliary view of the intersection of the two surfaces may be 
projected to the top and front views of the surfaces by the use of elements. 

2. For example: Draw cone element o2 in the auxiliary view. Point 2 of the base will have 
two possible positions, and will therefore locate points C and D on the element CD of the cylinder. 
The plan view of these points is located as shown on the drawing. The elevation view may be found 
either: (a) by locating the elevation view of cone elements o2 and finding front views of C and D 
by projection, or (b) by locating the elevation view of cylinder element CD and finding by projec- 
tion where c and d are located on this line. The factor of graphical precision should influence the 
choice of method. 
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61. EP16 (cont.). To find the intersection of two surfaces. 


In nearly all problems involving ruled surfaces, the method of finding where rulings, or ele- 
ments, on one surface enter the other suggests itself. The elements are usually drawn on that sur- 
face which does not appear as a fundamental view, and finding where these elements enter the sur- 
face which does appear as a fundamental view. 


Single-Curved Surface and Plane Surface. Figure 47. The open square prism-and an open 
cone are shown by top and front views. To find their curve of intersection ; 

1. On plane RL® perpendicular to the front (fundamental) view, locate an “edge” view of 
the open prism and an auxiliary view of the cone. Observe that the base of the cone in the auxil- 
iary view may be drawn by the trammel method. In this view app)ear, as at r and y, all points where 
the elements of the cone, as o2 and ol, enter the surface of the prism. Having located x and y in the 
auxiliary view, locate the elements o2 and ol on the cone by projection on the front view. By pro- 
jection from the auxiliary view locate the front views x and y on the corresponding front view of the 
appropriate element o2 or ol. 

2. To locate x and y on the top view, the element AB on the surface of the prism should 
be used. The location of AB is more readily found than the location of the top view of Ol and 02 of 
the cone because of the position of the base of the cone. 

A sufiBcient number of points closely enough spaced to locate a smooth curve may be found 
by this method to determine the curve of intersection. 

The visibility of the curve of intersection when the open cone is truncated by the planes 
of the open prism, of the limiting elements of both cone and prism, and of the sections of the cone 
and prism may be determined by referring to the auxiliary view and by the suggestions concerning the 
determination of visibility on page 84. 
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62. EP16 (cont.). To find the intersecti(»i of two surfaces. 


In problems where one or both surfaces are not ruled, consideration must be given to 
methods making the problem as simple to draw and as precise as is necessary. No general method 
can be given which will apply to all problems. The nature of the surfaces, and their positions with 
respect to each other, must be studied, and the most satisfactory method devised for each case. 


Single-Curved Surface and Surface of Revolution. Figure 48. A study of the oblate ellip- 
soid and right cylinder which are shown discloses that no previously illustrated method is easy to 
apply. The simplest element to be cut from the ellipsoid is a circle. Planes cutting such circles will 
have to be perpendicular to the axis of revolution. Such perpendicular slicing planes will cut ellipses 
from the cylinder. These ellipses from the cylinder and circles from the ellipsoid will intersect each 
other in points on the curve of intersection. Analysis reveals the fact that, though this method seems 
complicated, no other method seems any simpler. 

To find the curve of intersection : 

1. Horizontal slicing plane 1 cuts a circle from the ellipsoid. 

2. This same slicing plane also cuts from the cylinder an ellipse whose axes will be pro- 
jected on the top view in their true length and relation. 

3. In place of drawing the many ellipses required for a complete curve of intersection, a 
trammel may be used (all the ellipses will be the same size) to plot the points where these ellipses 
intersect the circles of the ellipsoid cut by a series of slicing planes parallel to slicing plane 1. 

4. By using a sufficient number of slicing planes parallel to slicing plane 1, a series of circles 
and ellipses will be cut from the two surfaces, thus locating enough points on the curve of inter- 
section to draw a smooth and accurate curve. 




DRAWING-BOARD GEOMETRY 


103 


S/nce the curiae of /nfersecf/or? /s 
symmefnco/, o seconc/ po/nf V 
PTqy o/so be /ocofec/. I 


^X/) C/rc/e cu/ from e///pso/cX by 
homonfa/ p/one /. 



Ares of e///pse cuf from c/rcu/or 
cy/znc/er by bomonfo/ "s//apg" p/o/7e /. 


fbs/for? of fromme/, mfb ores 
morkeof on //, yvhen /be e///pse cat 
from fbe cy/zncker crosses fbe c/rc/e 
caf from fbe e/f/psofc/. Tb/s /ocofes 
^. X, one po/nf on fbe cur^^e of /nfer- 
secf/on. 


SermiMhorAkis 



Sf/c/no pfone f 


^ As many sf/c/ng pfor/es porof/ef 
fo pfone / os are neecfeaf fo gef a 
comp/efe ancf smooth cur\re of /nfer- 
sect/on must be posseof fbroagb 
the two surfaces. Note tbot for 
each sf/c/ng p/or/e, the af/omefer 
^ c/rcfe cut from the efffpso/cf 
one/ the oos/t/on of the ores of the 
eff/pse cut from the eyf/nefer mff 
change. 


I THE WTERSECnON OF TWO SURFACES 


Fioxim 48 

EMaotial Prineiple 16 (coni.). 





104 


DRAWING-BOARD GEOMETRY 


63. EP16 (cont.). To find the intersection of two surfaces. 


In all cases of EP16 previously illustrated at least one surface was in a fundamental position 
parallel to one of the principal planes of projection. When such is not the case, and both surfaces 
are oblique to the principal planes, double auxiliary projection must be used in order to place one of 
the surfaces in a fundamental position. Such a case is illustrated in Fig. 49. 


Two Oblique Surfaces. Figure 49. Both the given pyramid and cylinder are solids and 
are shown by top and front views. To find the curve of intersection : 

1. Locate by double auxiliary projection an “edge” view of the elliptical cylinder and an 
auxiliary view of the pyramid on auxiliary plane RL. (Auxiliary plane RL is perpendicular to the 
fundamental view of the cylinder on plane RL» which is parallel to the cylinder.) Find where ele- 
ments on the faces of the pyramid enter the cylinder as at x on plane RL. 

2. By projection locate x on plane RL». 

3. From the view of x on plane RL», and by projection of element AP onto the top and 
front views, the position of X in the top and front view may be located. By using a sufficient num- 
ber of elements similar to AP, a complete intersection may be found. 


The visibility of lines must be carefully studied. Even though a point may be visible so 
far as one surface is concerned it may be hidden by the other surface. Furthermore, points visible in 
one view may not necessarily be visible in other views. The limiting, or contour, elements of the 
surfaces are useful in determining visibility. For example, in Figure 49, a study of the front view 
of the cylinder shows that no element of this cylinder on the far tide of the two contour, or limiting, 
elements can be visible in the front view. In like fashion, a study of the top view shows that all 
elements on the left side of the transverse diameter of the base in H are visible unless they are 
covered by the pyramid. Thus, the visibility of the cylinder is controlled in part by the visibility of 
the pyramid. The method of discovering the visibility of the pyramid is discussed on page 84, 
and may be accomplished by the study of one view at a time and the determination of the near 
and far elements of the object as seen in that view. 
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64. EP16 (cont.). To find the intersection of two surfaces. 


A common problem in surfaces is the design of elbows and breechings so that they are 
made up of surfaces which have circular sections anil whose joints are plane curves. Since a cone or 
a cylinder tangent to a sphere, whose center is on the axis, will have a circular section in the plane 
of tangency, this principle is used in such design. 


Cylindrical Elbow. Top Drawing. Figure 50. The diameter of the circular openings is 
given, and the elbow is to turn a right angle. An elbow may have more than two or three sections, 
but the principle of locating each section by making it tangent to a sphere of the diameter of the 
openings is the same. The center of the sphere must be on the axis of the tangent cylinder and, 
therefore, at the intersection of axes. The curve of intersection will appear as an edge view joining 
the limiting, and tangent, elements. 


Conical (Reducing) Elbow. Middle Drawing. Figure 50. The position of the axes of 
the end sections and the diameter of their openings are given. The position of the axes of the inter- 
vening sections is adjusted according to the number of sections and the proper rate of turning the 
given angle between end sections. Spheres, of a diameter selected to secure uniform and appropriate 
reduction in diameter, are drawn at the intersection of the axes, and the limiting elements are made 
tangent to these spheres. 


Breeching. Bottom Drawing. Figure 50. This same principle may be used in designing 
a breeching to connect two smaller cylinders with a larger cylinder by right cones. The surfaces are 
made tangent to spheres drawn at the intersection of the axes. 
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65. EP17. To lay out a pattern for a surface. 


Patterns, or templates, are used in laying out shapes for sheet-metal work such as tanks, 
elbows, bins, and chutes. These forms are constructed by draftsmen to enable workmen to mark 
out on unformed material the shape in which it is to be cut so as to form the several parts. When 
these parts are fastened together the surface will take the shape designed and will fit into its 
appointed place. 


Plane Surface. Figure 51. A chute running between an opening in a floor and an open- 
ing in a wall is illustrated. To lay out a pattern : 

1. Find a fundamental view on plane RLv and a right section on plane RL. 

2. Since the right section will develop into a straight line perpendicular to the edges of the 
chute, draw the line 23412 perpendicular to the fundamental views of the edges as shown on RLv. 
Mark off on this line — always split the pattern on a short edge — the distances 23, 34, 41, and 12 as 
obtained from the true shape and size of the right section. Through each of these points draw a line 
parallel to the fundamental view of the edges on plane RLv (these lines will also be perpendicular to 
the developed right section line 22). By projection from the fundamental view lay off the true 
lengths of these edges and connect the terminal points in order. When folded and bent so as to have 
a section of the shape of the right section, this pattern will form the shape of the chute. 

It is to be noted that neither the auxiliary view on plane RLr nor the elevation view of the 
right section is needed for this development. These were drawn on the problem for description and 
explanatory purposes. 

When cutting and folding patterns to form models — and students are advisecflrdo this — 
allowance should be made for lap on th^^lit edge. For practical reasons, this joint sh^ld be along 
the shortest edge. Tabs and slits as illustrated by folding models Figs. 13a, 14a, andiOTHfelso may 
be used. As a means of securing a true edge when folding, the pattern may be scored on the outside 
of the bend. 
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66. EP17 {cont.). To lay out a pattern for a surface. 


Cylindrical Elbow Section. Figure 52. Since the right section will develop into a straight 
line perpendicular to the elements of the cylinder: 

1. Divide the right section (use the fundamental view) into equal divisions. 

2. Lay off a straight line of indefinite length ; divide this line into equal and corresponding 
divisions according to the right section as at 1 to 8 inclusive; erect perpendiculars to the developed 
right section at these points 1 to 8 inclusive; by projection from the fundamental view lay off the 
length of these perpendicular elements; construct by any convenient method a second half of the 
pattern equal to the half shown from 1 to 8 and draw a smooth curve through the developed ends of 
the truncated elements. This will be a pattern for one section of the cylindrical elbow. 

3. The partial drawing indicates how the same right section may be used in developing 
the middle section of the elbow. 


For convenience in drawing a pattern of this type the drawing paper should be shifted 
on the drawing board so that the developed line of right section is parallel to the T-square. In this 
way, distances may be transferred from the fundamental view to the pattern with a minimum of 
manipulation and with greater accuracy. 
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67. EP17 (cont.). To lay out a pattern for a surface. 


Right Cone. Figure 53. To develop a pattern for the right cone between its circular base 
and its intersection with the open prism: 

1. Find the true shape and size of the circular base, and divide it as shown. (Although usu- 
ally such divisions may be most conveniently transferred to the pattern when made equal, cases arise 
where it is more important to have elements of the development pass through critical points. In 
this case, divisions are not equal and each distance must be transferred by measurement from the 
right section.) 

2. With any convenient point 0 as a center (on the pattern) describe an indefinite circular 
arc whose radius is equal to 01, the slant height of the cone. Choose at random the position on the 
paper of short element 01, and mark off from 1 the positions of points 3 to 13 inclusive by transfer 
from the right section. 

3. Find on the front view of the cone the positions of all elements from 1 to 13 inclusive. 
By revolution into the limiting element (either 01 or 013, front view) find the true length of all 
distances on these elements from O to the curve of intersection (ox on element o5 is shown in true 
length at ox, and indicates the method). Lay off these distances from 0 to the curve on the corre- 
sponding element position in the pattern and construct a similar half of the pattern beyond element 
013. 

^ When all points on the curve of intersection have been located on the pattern, a smooth 

developed curve of intersection may be drawn through these points and the pattern will be outlined 
as shown. 
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68. EP17 (cont.). To lay out a pattern for a surface. 


Surfaces which can be developed, or flattened out onto a plane surface, are plane surfaces 
and single-curved surfaces. By approximate methods, however, patterns may be constructed for sur- 
faces which are not developable. The skill of the draftsman in dividing the non-developable surface 
up into segments which are developable and of arranging these into a pattern will determine how 
closely the surface formed from his patterns approximates the original. 

The most satisfactory method of laying out patterns for non-developable surfaces is the 
method of triangulation. This methbd consists of covering the surface to be developed with a net- 
work of small triangles having a common side and of laying out the true shape, size, and relation- 
ship of these triangles into a pattern. 


Warped Surface. Figure 54. The section of the “corner hopper” between its flat sides is a 
portion of a warped cone. 

1. Its surface is divided up by a network of small triangles as A 12, A2B, B23, etc., each 
being small enough practically to coincide with the surface. 

2. Beginning at Al, the small triangle A 12 is constructed on a chosen center line for the 
pattern. The true lengths of Al, of A2 must be found by revolution. Article 41, Fig. 30. After tri- 
angle A12 is constructed, triangle A2B is constructed with side A2 in common with the first triangle. 
The distances ab and 12 are shown in the top view; the lengths Al, A2, B2, etc., must be found by 
revolution. The method of doing this is indicated for A2 and B3. All the triangles on the surface 
having been constructed in their true shape, size, and relation, a pattern will appear as shown. The 
flat sides of the hopper are developed as planes. 


The basic principles of template making have an application of interest to engineers. It 
is obvious when concrete is to be poured in the shape of a single curved surface, the forms can be 
made up of very narrow strips of form lumber which correspond closely enough for practical pur- 
poses to the linear elements, or rulings, of the surface. It should also be obvious from a study of 
Fig. 54 that surfaces similar in character may be closely approximated in concrete by building forms 
made up of lumber cut so that sections are like a 521 and 5c32 and are built up adjacent to each other. 

The use of sheet-metal forms is not uncommon in shaping concrete to unusual designs and 
sudt forms may be developed by the methods outlined for pattern making. 
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69. EP17 (cont.). To lay out a pattern for a surface. 


Surfaces of double curvature are not developable. Patterns for such surfaces which will 
give a satisfactory approximation of the surface may be constructed by dividing the surfaces into 
zones, or into gores, or by combining zones and gores. 

Zones are usually developed as cones, since these developable surfaces can be made to fit 
the original more closely. Gores are constructed by a method resembling spherical triangulation. 


Double-Curved Surface. Figure 55. The drawing represents the approximate method for 
the development of a spheroid, but the method will apply to spheres and other similar surfaces. To 
lay out a pattern for a spheroid: (a) the surface may be divided into zones each of which may be 
developed as a right cone; (b) the surface may be divided into gores of equal size which may be 
developed as cylinders, or (c) a combination of zones and gores may be used. 

1. Zone method. The apex of a right cone must be found which will have limiting elements 
practically coinciding with the contours of each zone. These cones when developed and joined will 
form a surface closely approximating the given surface. 

2. Gore method. Each gore is assumed to be cylindrical in character, and if the gores are 
made sufficiently narrow the resulting pattern will closely approximate the given surface. 


The several parts of a surface, shaped from patterns made by either of the above methods, 
must, of course, be formed by shop processes to conform to the curvature of the surface before these 
several parts are assembled. 

Both the zone and the gore method of laying out a sphere on a flat surface contain the 
basic elements of map projection, and are used by makers of globe maps. The zone system is a 
form of polyconic projection, which is but one of more than a dozen forms of map projection to be 
found in works on cartography. 
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In addition to showing an interesting use of cones, cylinders, spheres in an industrial structure, the 8o<-caUed '^spiral** stairway 
illustrates the use of the helix. The unusual painting on the tank is required because it is located on an airlane. 



CHAPTER VI 
SCREW SURFACES 

70. One of the oldest and most important mechanical devices used by engineers is the screw surface. Its 
applications are many and include threads for fastenings; cams for transmitting motion; coiled 
springs; conveyor flights; propellors for ships and airplan^; fan blades for water wheels and pumps; 
and similar uses. 

The basic geometrical element in both design and in representation of screw surfaces is a 
space curve called the helix, and this curve becomes a controlling element in the generation of such 
surfaces. 

71. The helix is a space curve generated by a point moving along and around an axis. If the distance 
from the axis is uniform (and the curve therefore wrapped around a cylinder) the curve is identified 
as a cylindrical helix; if the distance from the axis varies uniformly (and the curve therefore wrapped 
around a cone) the curve is identified as a conical helix. 

The cylindrical helix is the directing element of most of the screw surfaces which have prac- 
tical application ; the conical helix has more limited application. The drawing of these curves and a 

number of applications are illustrated in the following pages. 
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72. To Draw a Cylindrical Helix. Figure 56. The data required for the construction of a helix are the 
distance from the axis (the radius of the cylinder upon which the helix is to be wrapped) and the 
• distance and direction the moving point advances in one turn (lead). Given these data, a helix may 
be drawn: 

1. Divide the vertical lead into any convenient number of equal spaces. 

2. Divide the top view of the diameter of the cylinder into the same number of spaces. 

3. For each one of these divisions of rotation around the axis, the generating point on the 
helix moves one division along the axis. By plotting the top and front views of each of these points 
and connecting them in order, a helix may be plotted. 

4. A coiled spring (one turn) based on the same helix is drawn by locating squares equal to 
a right section of the stock whose centers follow the helix and drawing the edge contour elements. 


73. To Draw a Conical Helix. The same general principles for drawing a cylindrical helix apply. See 
Kg. 66. 

5. Note especially how the location of the top and front view of point 2 is obtained. 

6. A coiled spring made up of round bar stock and coiled on a center line of the same size as 
the conical helix. The contour outline may be found by locating spheres on the helix as shown. 
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74. EP18. To draw a right helical conveyor flight. Figure 57. Certain data must be available: as 
the outside diameter, the diameter of the shaft on which the conveyor is to be mounted, and the 
lead in order to design a conveyor. Given these data: 

1. By dividing one rotation and the lead into the same number of divisions, the front and 
top views of both the inner and outer helix which bounds the conveyor flight may be drawn as illus- 
trated in .Article 72, Fig. 5(5. 

In Fig. 57, the shaft on which the conveyor flights are to be mounted is shown, and one 
flight (or one complete turn) of the conveyor is drawn. 


75. To lay out a pattern for this conveyor flight. Figure 57. Such a surface (a right helicoid) is 
a warped surface and is, therefore, not developable. Practically, however, patterns for such surfaces 
closely approximating the true surface may be made; when pressed into shape and joined, flights of 
conveyors so built are close enough to the theoretical surface to be acceptable. 

2. Divide the surface of a conveyor flight into small triangles. In Fig. 57, the space be- 
tween each two .successive positions of the elements has been made into two triangles by drawing a 
diagonal such as 89. 

3. Since each area so divided is equal, and since the elements are shown in true length and 
are equal, the true length of one diagonal only is necessary to proceed with the development. The 
true length of this diagonal may be found by locating its fundamental view as shown. 

4. Beginning with element 88, located on the paper in any convenient position where space 
is available for a pattern, construct the triangles into which the flight has been divided in their true 
shape and size and with a diagonal in common. When all these triangles have been drawn the ap- 
proximate development of the helical conveyor flight will be outlined. 

5. It is to be noted that the true spacing of the elements on the inner and outer curves of 
the pattern is to be taken from the triangles which show the rectification of these curves giving both 
true length and true spacing. 

Since the curvature of the inner and outer curve on the conveyor pattern is fixed by the 
constant distance between them, the ends of the pattern may overlap. In such cases, a portion — say 
three-fourths — of one flight may be used as a pattern. When these partial flights are joined, they 
make a continuous conveyor whose joints are staggered around the axis. 



DRAWING-BOARD GEOMETRY 




( 7 ) T/ie fqo ond front ^/ni>vs 

of the /nner onct the outer - 
het/x ore constructed os in 
Figure 56. 


Leod ■ 


iQ The surface is d/r/ded 

9 >nto smott tnongtes by 
> o droyving d/ogonots such 
\ os 89. 


The true tength cf the 
J~d/ogonots moy he found 
project/on. 





@ By constructing the sererot bd- 
'jocent tnongtes, /nto wh/ch the surtbce 
has been d/rided, in the/r true shape, 
s/ze, and retot/on o pot tern moy be 
drokvn for o port/on of each fi/ghf. 


(S) The dereioped hei/ces show not 
onty the true tength but the true ^ 
spoc/ng on each curye.^^ - - ' 


True siope 
inner het/x 


4 8 t2 i6 20 24 T8 
C/rcumference of /nner heh 


heCical conveyor and wvttern 


Figvrii &7 

Essential Principle 18 . 


C/rcumference of outer het/x 





124 


DRAWING-BOARD GEOMETRY 


76. EP19. To draw a convolute conveyor flight. Figure 58. As in the right helical conveyor, the 
shaft diameter, the conveyor tube diameter, and the lead must be known. For the sake of compari- 
sons, these data are the same as in the helical conveyor. To draw the conveyor: 

1. Draw one complete turn of the inner — or shaft — helix. To locate a point on the outer 
helix: draw the plan view of an element tangent at 0 to the shaft helix. Where the element cuts 
the plan view of the conveyor tube at 0 is the other end of the generating element. 

To find the front view of O: draw the front view of 00, a line through O on the shaft helix 
which slopes at 0, the slope angle, of the shaft helix. (This slope angle 0 is found by graphical 
use of a right triangle having the lead for the altitude and the circumference of the shaft as a base. 
The h 3 rpotenuse of this right triangle is the true slope 0 and the true length of the inner or shaft 
helix. 

With this point 0 on the outer helix located, the outer helix may now be drawn as in 
Article 72. The inner and outer helix, together with the two limiting positions of the generating 
line 00, define the contour of one flight. 

2. Note that the limiting (tangent) position- of the element is visible and appears in true 
length and slope. 


77. To develop a pattern for this conveyor flight. Figure 58. Since a convolute is generated by a 
line moving tangent to a helix, it is a single-curved surface and therefore developable. A pattern 
for one flight of a convolute conveyor develops into a partial circular disk. To find the radii of the 
curves: ^ 

1. The radius of the shaft helix, when one flight is developed, becomes the slant height of a 
cone whose base is the true distance along an element of the convolute between the limiting elements 
of the shaft and whose slo]>e angle is the slope angle of the shaft helix. This radius is Ri in Fig. 58. 

2. The radius of the outer curve of the pattern is found by drawing an element in its true 
length tangent to the developed inner helix. 

3. The length of the inner and outer curves of the pattern may be found by stepping off 
on each the true length of these curves as found in the triangles showing the rectification of the 
helices. 
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78. Screw Tiu'eads. The surface of the thread form used on bolts, nuts, and screws is helicoidal and 
varies in characteristics according to the profile of the tool used to cut the thread. Several standard 
thread forms, such as V-threads, square threads, Acme threads, and worm threads, are used and are 
described in detail in textbooks on engineering drawing. Since the representation of threads on 
bolts and nuts follows the same general principles for all forms, only two common types — the sharp 
V-thread and the square thread — are illustrated in this book. 

The representation of threads in engineering drawings is a highly conventionalized descrip- 
tion, and the involved geometry of construction for exact representation is both unusual and unnec- 
essary. Engineering draftsmen should, however, understand the geometry of thread construction and 
the differences between actual representation, conventionalized representation, and thread symbols. 


79. Sharp V-Thread Representation. Figure 59 illustrates a two-pitch (two threads in the lead dis- 
tance) V-thread designed to emphasize features not usually described in such thread representation. 
The thread is cut into a cylinder by a tool shaped as a V, the angle at the vertex being 60°, and the 
depth of the cut being adjus d so that exactly two threads fit into each lead distance. 

The large helix, representing the ridge of the thread, on the surface of the cylinder, and the 
small helix, representing the path of the point of the tool, are drawn as indicated on the drawing and 
as described in Fig. 56. To find th#* 3 dge 8 made by the cutting tool as it enters the cylinder and fin- 
ally reaches its full catting depth, and the edges made by the cutting tool as it cuts into the 
conical chamfered end is the unusual part of this problem. 

The assumption is made that the cutting tool leaves the cylinder at 0, having been 
uniformly withdrawn from full cutting depth at the limiting meridian position VIII. The width 
of the cut for each position of the tool is shown in the diagnram, and by plotting these positions 
the edges on the surface of the cylinder and the helix cut by the point of the tool may be 
plotted. The end view of this path is a spiral shown in dotted lines. 

In like fashion the curve showing the edge made by the cutting tool as it cuts through 
the conical chamfered end may be found : the intersection of the cutting edge of the tool with 
the appropriate element of the cone must be found for each successive position of the tool. The 
construction at point e is illustrative. 
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80. Conventionalized Thread Representation. Mention was made in Article 79 that thread representa- 
tion when not symbolized is conventionalized. True thread representation is seldom drawn because 
conventional representation is usually adequate and thread symbols are universally understood. 
Moreover, threads on drawings are generally standard, and are so minute that exact representation 
would be unnecessary. 

This is illustrated in Fig. 60, where exact representation may be compared with conven- 
tionalized representation. The thread representation nearest the binding edge of the text is an exact 
representation drawn as described in Article 79. The nut is shown in section. The other thread 
representation is the same thread conventionalized both by the helix convention and by the straight- 
line convention. The nut is shown in section by the straight-line convention. 


81. To draw a conventional V-thread representation. Lay off the pitch distance on the limiting 
elements of the cylinder on which the thread is to be cut, being careful to allow for an advance of 
one-half the lead in the one-half turn. Draw the V contours of the threads in these limiting posi- 
tions, noting that the ridges are opposite the valleys. It is also to be noted that the pitch is equal to 
the lead for single threads, one-half the lead for double threads, and so on. This is important as it 
influences the size of the thread profile in the limiting position. 

For the helix convention : Draw the ridge helix and the valley helix as shown in Fig. 56. 
Note carefully how right-hand and left-hand threads affect the sloj)e of this curve. The threads in 
Fig. 60 are right hand. (This means that a nut turned in a right-hand direction will screw on the 
thread.) One end view of the two helices will suflice for the construction of the entire representa- 
tion. A simpler device for large threads is to construct one-half a turn for each helix and make a 
template of thin celluloid for the drawing of the threads. 

For the straight-line convention: Connect the ridges and valleys by straight lines as shown 
in the figure. When nuts, or internal threads, are drawn in section it is to be noted that the ridge 
and valley lines slope in the opposite direction from those on the screw. This is because the threads 
on the back are being represented. 
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82. Square Threads. Threads of the square t)q)e are usu^ly larger than those of the V-thread type 
which are used for fastenings. It is, therefore, not uncommon to find square threads, Acme threads, 
and worm threads shown on drawings as exact representations. When not so drawn they are shown 
by the straight-line convention. In Fig. 61 a square thread of the same pitch and diameter is shown 
by (he true helix representation and by the straight-line convention. The internal thread is shown 
in section. 


83. To draw a square thread. In drawing a square thread one-half the pitch distance is laid off as 
thread and one-half as space. The limiting elements of the cylinder on which the thread is cut is 
so divided, care being taken to have spaces on one Umiting element opposite threads on the other 
and to have the correct slope for right-hand or left-hand threads as specified. Since the depth of 
the thread is one-half the pitch, the diameter at the root of the thread is known. With the outside 
and root diameters known, and the contours of the threads drawn in the limiting positions, the 
helices for the thread edges may be drawn as shown in Fig. 61 and as described in Fig. 66. 

With one-half of each helix drawn, a template may be made and used for drawing the 
threads. The use of a template is helpful especially in inking. 

If the straight-line convention is to be used, lines connecting the appropriate corners of the 
thread contour in the limiting positions are drawn with correct slope in place of the helices. 

It is to be noted that, in threads of the square type, exact representation is the same as the 
helix convention. 

The internal threads are drawn in the same manner and, since they are shown in section, 
slope in the opposite way to the threads on the screw. 
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